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Abstract

When machine learning systems meet real world applications, accuracy is only
one of several requirements. In this paper, we assay a complementary perspective
originating from the increasing availability of pre-trained and regularly improv-
ing state-of-the-art models. While new improved models develop at a fast pace,
downstream tasks vary more slowly or stay constant. Assume that we have a large
unlabelled data set for which we want to maintain accurate predictions. Whenever a
new and presumably better ML models becomes available, we encounter two prob-
lems: (i) given a limited budget, which data points should be re-evaluated using the
new model?; and (ii) if the new predictions differ from the current ones, should we
update? Problem (i) is about compute cost, which matters for very large data sets
and models. Problem (ii) is about maintaining consistency of the predictions, which
can be highly relevant for downstream applications; our demand is to avoid negative
flips, i.e., changing correct to incorrect predictions. In this paper, we formalize
the Prediction Update Problem and present an efficient probabilistic approach as
answer to the above questions. In extensive experiments on standard classification
benchmark data sets, we show that our method outperforms alternative strategies
along key metrics for backward-compatible prediction updates.

1 Introduction

The machine learning (ML) community develops new models at a fast pace: for example, just in
the past year, the state-of-the-art on ImageNet has changed at least five times [9} [10, 131} |50} |51]].
As reproducibility has increasingly been scrutinized [33| 34} 42], it is now common practice to
release pre-trained models upon publication. In this work we take the perspective of an owner of an
unlabelled data set who is interested in keeping the best possible predictions at all times. When a new
pre-trained model is released, we face what we refer to as the Prediction Update Problem: (i) decide
which points in the data set to re-evaluate with the new model, and (ii) integrate the new, possibly
contradicting, predictions. For this task, we postulate the following three desiderata:

1. The prediction updates should improve overall accuracy.
2. The prediction updates should avoid introducing new errors.
3. The prediction updates should be as cheap as possible since the target data set could be huge.
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We consider the setting in which the target data set for which we wish to maintain predictions is fully
unlabelled (i.e., the ground-truth labels are unknown) and may come from a different distribution
than the one on which models have been pre-trained, but with overlap in the label space. This is a
transductive or semi-supervised problem, but, due to computational constraints, we avoid any model
fitting or fine-tuning and rely solely on the predictions of the pre-trained models that are released
over time. Typically, these models exhibit increased performance on their labelled training domain
(e.g., the ImageNet validation or test set) as evidence for being good candidates for re-evaluation.

Clearly, one goal of updating the predictions stored for the target data set is to improve overall
performance, e.g., top-k accuracy for classification. At the same time, the stored predictions may
form an intermediate step in a larger ML pipeline or are accessible to users. This is the reason for
our second desideratum: we would like to be backward-compatible, i.e., new predictions should
not flip previously correct predictions (negative flips). Finally, we aim to reduce computational cost
during inference and to avoid evaluating the entire data set which may be prohibitive in practice and
unnecessary if we are already somewhat certain about a prediction.

In this paper, we motivate and formalize the Prediction Update Problem and describe its relation to
various relevant research areas like ensemble learning, domain adaption, active learning, and others.
We propose a probabilistic approach that maintains a posterior distribution over the unknown true la-
bels by combining all previous model re-evaluations. Based on these uncertainty estimates, we devise
an efficient selection strategy which only chooses those examples with highest posterior label entropy
for re-evaluation in order to reduce computational cost. Furthermore, we consider different prediction-
update strategies to decide whether to change the stored predictions, taking asymmetric costs for neg-
ative and positive flips into account. Using the task of image classification as a case study, we perform
extensive experiments on common benchmarks (ImageNet, CIFAR10, and ObjectNet) and demon-
strate that our approach achieves competitive accuracy and introduces much fewer negative flips across
a range of computational budgets, thus showing that our three desiderata are not necessarily at odds.

Contributions We highlight the following contributions:

* We introduce the Prediction Update Problem which addresses some common, but previously
unaddressed challenges faced in real world ML systems (§ [2).

* We propose a probabilistic, model-agnostic approach for the Prediction Update Problem,
based on Bayesian belief estimates of the true label combined with an efficient selection and
different prediction-update strategies (§ 3).

* We contextualise this understudied problem setting as well as our method with related
work (§ @] & §[5) and discuss several extensions and limitations (§ F).

* We demonstrate that our approach successfully outperforms alternative approaches and
accomplishes all our desiderata in experiments across multiple common benchmark datasets
(CIFAR-10, ImageNet, and ObjectNet) and practically relevant scenarios (§ E])

1.1 Backward-Compatible Prediction Systems

In real world ML applications, empirical performance is only one of several requirements. When
humans interact with automatic predictions, they will start to build mental models of how these
models operate and whether and when their predictions can be trusted. This is described as Human-Al
teams by [[1] who argue to “make the human factor a first-class consideration of Al updates”.

An example from [1]] is autopilot functionality in cars for which drivers will build expectations in
which driving situations the autopilot is safe to engage. It is important not to violate these assumptions
when updating the models over the air. Al assisted medical decision processes are another example of
a high stake application where medical professionals need to understand when systems can be trusted.

Consider the example of automatically tagging images in a user’s photo collection. Those tags are
used for example in photo search. As models progress, the overall accuracy on all uploaded images
may increase, but for any single user the experience can deteriorate if previously correct searches
now show wrong results. Even worse, if errors fluctuate over the user’s photo collection as the result
of prediction-updates, the user’s trust will be eroded. This “cost” is asymmetric and the negative
experience may outweigh the benefit of better predictions on other images.

3 All software and assets we use are open source and under MIT, Apache or Creative Commons Licenses.
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Figure 1: Overview of our proposed Bayesian approach to the Prediction Update Problem. Starting from
a uniform prior, we maintain a posterior distribution p(y = k|§%") (middle) over the unknown true label y
of an unlabelled sample which takes the predictions §°* from new ML models C* (top) arriving over time
t = 0,...,T into account. Given a limited compute budget B, we re-evaluate those samples with highest
posterior label entropy S* at each time step, e.g., the example shown is first selected in time step ¢ = 3 after
the initial annotation at ¢ = 0. We then consider different strategies for deciding whether to update the stored
prediction (bottom) based on our changed beliefs. Note that the non-probabilistic baselines “Replace” (always
update to last prediction) and “Majority Vote” (resolve ties by using the last prediction) incorrectly update the
stored prediction from “truck” to “deer” in step ¢ = 4. Our strategies (MB, MBME, CR-10) which rely on the
estimated label posterior, on the other hand, avoid such a negative flip, which is one of our key goals.

In contrast to carefully curated and labelled ML benchmarks, many real-world data sets are magnitudes
larger (up to billions of samples) and entirely unlabelled. Having no feedback which predictions are
correct is a common scenario: consider any type of private data such as health data, photo collections,
or personal information. Because the data is private, we can neither train on it, nor collect feedback,
nor observe the effect of predictions. On the other hand, such data is valuable to an individual: she
has an interest to keep it up to date with the best possible predictions. Since it is of little consolation
to her if an update of the model improves predictions on average but on her data it gets worse, the
update costs are asymmetric. Service providers often rely on models pre-trained on a different data
set, and the desire to be backward-compatible arises naturally in this setting [[1,[39} 43 [53].

This is an understudied problem where progress will have large impact. ML systems are becoming
pervasive, and their accuracy will continue to increase. Being able to seamlessly transfer them to
existing data will be crucial for real-world ML systems.

2 The Prediction Updates Problem Setting

Target Data Set We are given a large, unlabelled target data set D' = {x,,}V_, comprising
N independent and identically distributed (i.i.d.) observations x,, € X C R? drawn from a target

distribution P§*®. The ground-truth labels ,, € Y = {1, ..., K'} distributed according to Pg,alr)g( are

not observed. Note that we are particularly interested in a scenario where N may be extremely large.

Models Over time ¢ = 0, 1, ..., T we successively gain access to classifiers C°,C,...,CT : X —
Y which have been trained on a labelled data set D" from a potentially different source distribution
PX% over X x . For simplicity, we assume that the observation space A and label space ) are
shared. We consider both the standard scenario where the models {C*}%_ are trained on a labelled
set from the same domain (P5*¢ = P'&'8); and the transfer scenario where we deploy a model trained
on a labelled ML benchmark to a different data set (PS¢ # P'¥8). We assume that {C?}]_ are
improving in performance on the training data set. Therefore, denoting by A; the estimated accuracy
of C'* on P%°y» we have A < A1Vt As motivating example, consider an object recognition task
in the wild and let C'; be the winning entry of the ImageNet competition in year ¢.



Labelling To relate the source and target distributions and to justify applying {C?}_ to our target

data set D'?¥'8, we make the commonly used covariate shift assumption P;f‘rfé = P§§|CX, i.e. the

conditional label distribution is shared across source and target distributions [40, 45]E] We denote the
predicted label by C* for x,, by 9% = C*(x,,) and the stored prediction for x,, after time step ¢ by /.
The target data set is then initially fully labelled by C?, i.e., IO := §0.

Objective As new classifiers {C*};>; become available, our main objective is to maintain the
best estimates {I* }_, on our target data set at all times and improve overall accuracy, while, at
the same time, maintaining backward compatibility by minimising the number of negative flips, i.e.,
the number of previously correctly stored predictions that are incorrectly changed. The key challenge
is that no ground truth labels for our target data set are available, so that we have no feedback on
which predictions are correct and which are wrong. For each test sample x,, and each time step
t > 1, we thus need to decide whether or not to update the previously stored prediction I!~! based
on the current and previous model predictions 7% and 79 =1, respectively.

Limited Evaluation Budget Re-evaluating all samples (so-called backfilling) can be very costly
and requires significant resources. Since we consider V to be very large, we also consider a limited
budget of at most B* < N sample re-evaluations for step t. We thus additionally need to decide

how to allocate this budget and select a subset of samples to be re-evaluated by C? at every step.

3 Our Method

Having specified the setting, we next describe our proposed method for the Prediction Update
Problem. We start by providing a Bayesian approach for maintaining and updating our beliefs about
the unknown true labels as new predictions become available (§[3.1), followed by describing strategies
for selecting candidate samples for re-evaluation (§[3.2)) and for updating the stored predictions based
on our changed beliefs (§ [3.3). Our framework is summarised in Figure[T]

3.1 Bayesian Approach

Since the true labels {y, }\_, are unknown to us, we treat them as random quantities over which
we maintain uncertainty estimates. We then perform Bayesian reasoning to update our beliefs as
new evidence in the form of predictions 4!, from newly-available classifiers C* arrives over time
t = 1,...,T. In standard Bayesian notation, the true labels y,, thus take the role of unknown
parameters 6 and the predictions 4! of data . Since D'¥8 is sampled i.i.d., we reason about each
label y,, independently of the others, i.e., the following is the same for all n.

Prior Lacking label information on the target data set, we choose a uniform prior over ) for all y,,,
ie., p(yn = k) = /K, Vk € Y. If (estimates of) the class probabilities on D'*'8 are available, we
may instead use these as a more informative prior.

Likelihood Next, we need to specify a likelihood function p(§% |y,, = k) for the observed model
predictions T given a value k of the true label y,,. We make the following simplifying assumption.

Assumption 1 (Conditionally independent classifiers). The different classifiers’ predictions 1 are
conditionally independent given the true label vy, i.e., the likelihood factorises as

PGS Ty = k) = TT,_o (3 |yn = k). (1)

In a standard Bayesian setting, this corresponds to the assumption of conditionally independent
observations given the parameters; we refer to § for further discussion. The main advantage of
Assumption s that the factors p(9’, |y, = k) on the RHS of (I)) have a natural interpretation: these
are the (normalised) confusion matrices 7t of the classifiers C*, i.e., we denote by

Wt(ivk) = p(gt = 7’|y = k),

the probability that C'* predicts class i given that the true label is k, which is the same for all n; see
below and § 4| for more details on how we estimate 7% in practice.

“In the context of image classification, this means that images of the same object under different environmental
conditions (i.e., different Px) will always share the same label (i.e., same Py |x). Note that such covariate shift
may also lead to changes in Py (label/target shift) and/or Px |y (conditional shift) [44, 55]].



Posterior At every time step ¢ > 0, we can then compute our posterior belief about the true label y,,
given model predictions §0°* according to Bayes rule,
~0:t 7 (G k)P (yn=Flge " ")

p(yn = k‘ n ) = Z '*O:tfl) (2)

icy mt (Z}L 7i)p(yn:i|yn

where we have used Assumption|l]to write (9%, [y, = k, 99 ™1) = p(9L |y = k) = 7 (9%, k). The

n
posterior at step ¢t — 1 acts as prior for step ¢, so we do not have to store all previous predictions.

Estimating Confusion Matrices In practice, 7’ are generally not known and we instead use their
(maximum likelihood) estimates 7* from the source distribution. If the number of classes K is large
compared to the amount of labelled source dataﬂ we only estimate the diagonal elements 7}, (i.e.,
the class-specific accuracies) and set the K (K — 1) off-diagonal elements to be constant,

nt 7t .
#t(i k) = 1}(7_(];@ Vi # k,

so that Zfil #t(i,k) = 1Vk € Y. We refer to §f0r further discussion on the estimation of 7.

3.2 Selecting Candidates for Re-evaluation
Given the label posteriors computed according to (2)), we compute the Shannon entropies [38]]

Sy = = Yrey Pyn = kl55") log p(yn = klg0"),

which provide a simple measure of uncertainty in the true label y,, after step t. We then select and
re-evaluate the B samples with highest posterior label entropy S to update our beliefs.

3.3 Prediction-Update Strategies

Finally, we need a strategy for deciding whether and how to update the previously stored prediction
It=! based on our new beliefs. We consider three such prediction-update strategies.

MaxBelief (MB) The simplest approach is to always update based on the maximum a posteriori
belief, i.e., I}, := I}, = argmaxcy p(y, = k|§3"). We refer to this strategy as MaxBelief (MB).

MaxBeliefMinEntropy (MBME) A slightly more sophisticated approach is to also take the change
in posterior entropy into account and only update when it has decreased:

o b S <si
" IEY otherwise.

We refer to this strategy as MaxBeliefMinEntropy (MBME).

CostRatio (CR) So far, we have not taken the assumed larger penalty for negative flips into account.
We therefore now develop a third approach based on asymmetric flip costs. We denote the cost of a
negative flip (NF) by ¢ > 0 and that of a positive flip (PF) by ¢** < 0.

We need to decide whether to update the previously stored prediction I/ ~! based on our updated beliefs
p(yn = k[9%"). Denote the MAP label estimate after step ¢ by I, = argmax;cy p(yn = k|957).

If i; = 1!~ there is no reason to change the stored prediction. Suppose that lAfl # 1!~ We then
need to reason about the (estimated) positive and negative flip probabilities when changing the stored

prediction from 15 to I!,. A positive flip (PF) occurs if I/, is the correct label (and hence I~ is not),
and, vice versa, a negative flip occurs if Zf;l is correct (and hence l; is not):

P = 1) = plyn = 181557, P = 1) = plyn = 171 50).

If neither {11 nor lAﬁL are the correct label, the flip is inconsequential which we assume incurs zero
cost. The estimated cost of changing the stored prediction from I/! to I}, is thus:

o R Y (e SRR (Y )

>For example, on ImageNet we have K = 1000 which would require estimating 1 million parameters.



We only want to change the prediction if ¢(I%! — 1) < 0, i.e.,

ﬁ‘:r(lfil_)lﬁi) — p(yn:[i\l??f) _
Pt =lt)  p(yn=tn ' [55:) e 4
leading to the following update rule:
Ik, i I =141
0= 0h, if It AT Al — 1) <0,

It~ otherwise.

Note that (3)) has an intuitive interpretation: we only want to update the currently stored prediction
(thus potentially risking a negative flip) if our belief in a different label is larger than that in the
current one by a factor exceeding |cN"/cPF|. We therefore refer to this strategy as CostRatio (CR).

4 Discussion: Extensions and Limitations

We discuss current limitations of our method and propose extensions to address them in future work.

Soft vs. Hard Labels Our approach presented in § [3]assumes deterministic classifiers which output
hard labels, i.e., only the most likely class. This allows for maximum flexibility and a wide range of
classifier models that can be used in conjunction with this method. However, our Bayesian framework
can easily be adapted to also allow for probabilistic classifiers which output soft labels, i.e., vectors of
class probabilities. Since deep neural networks are known to have unreliable uncertainty estimates [[14}
25126, 147], we deliberately choose to work with hard labels. If, however, well-calibrated probabilistic
classifiers are available (and can be scaled to huge data sets), taking this additional information into
account will likely lead to more accurate posterior estimates and thus better performance.

Assumption of Conditionally-Independent Classifiers Since the models {C!} are typically
trained and developed on the same data and may even build on insights from prior architectures, our
assumption of conditionally independent predictions on D8 does likely not hold exactly in practice.
It should therefore rather be understood as an approximation that enables tractable posterior inference.
Our experiments (§ [6)) suggest that it is a useful approximation that yields competitive performance.
Properly incorporating estimated model correlations may yield further improvements. We refer the
interested reader to Appendix for a more detailed discussion.

Confusion Matrix Estimates Unless labelled data from P is available, the confusion matrices
{m'} need to be estimated from P, This is only an approximation because they may change as
a result of P§° # Pt;rg, and taking such shifts into account could yield more accurate posterior
estimates. For this, one may use ideas from the field of unsupervised domain adaptation [12} 128 145]].
One could use an importance-weighting approach [40] to give more weight to points which are
representative of Py"® when estimating 7* from P§¢,.. As an example, in further experiments in the
supplement we studied estimating the off-diagonal elements using Laplace smoothing [[13}135]],

Other Selection Strategies Consider an ambiguous image that could be either a zucchini or a
cucumber [4]]. Such a sample would have large label entropy and could thus potentially be selected for
re-evaluation again and again. To overcome this hurdle, one could decompose label uncertainty into
epistemic (reducible) and aleatoric (irreducible) uncertainty [8}[19] and only re-evaluate samples with
high aleatoric uncertainty, i.e., those with high expected information gain [24]. Such considerations
also play a role in the field of active learning [37,154]

Growing Data Set Size Our method is not constrained to fixed dataset sizes and can accommodate
for the addition of new data. New samples can be added at any time using a uniform prior over labels.
Given their high initial entropy, they would then be naturally selected for (re-)evaluation first.

Adaptive Budgets Currently, we consider a fixed local budget of B? re-evaluations at every time
step. A possible extension would be to allow for a global budget of B! evaluations spread over all
time-steps, i.e., to devise a strategy for deciding whether to (a) keep re-evaluating or (b) save budget
for the next better model, potentially using techniques from reinforcement learning [46].

On the Cost of “Neutral” Flips For simplicity, we have assumed that “neutral” flips (i.e., changing
a label estimate from an incorrect to a different incorrect one) bear no cost. However, as motivated
in §[1] it is well conceivable that even such neutral flips have a cost due to the potential to disrupt
downstream robustness. If this is the case, it can easily be incorporated into our CR update strategy.



5 Related Work

Besides the aforementioned connections, our problem setting bears resemblance to several other areas
of ML. In the following, we discuss the main differences and commonalities.

Backward Compatibility The term was first introduced by Bansal et al. [[1] in the context of humans
making decisions based on an AI’s prediction (e.g., medical expert systems or driver supervision
in semi-autonomous vehicles). They contextualise that even though an AI’s predictive performance
might increase overall, incompatible predictions in updated models severely hurt overall performance
and trust, and propose to penalize negative flips w.r.t an older model when training a newer model.
Yan et al. [S3]] show that with standard training, there can be a significant number of negative flips,
even if the two models only differ in their random initializations. They then reduce the number of
negative flips by giving more weight to training points that are correctly classified by the reference
model, which they call ‘positive-congruent training’. Previous work on backward-compatible
learning is concerned with training a new model. Here, we focus on updating the stored predictions
rather than updating the stored models. This makes our approach more generally applicable and
complements the use-cases of backward-compatible learning. Backward compatibility was further
studied empirically by Srivastava et al. [43] who emphasize that this also causes problems for large
multi-component Al systems. They propose two key metrics to characterize backward compatibility:
(i) Backward Trust Compatibility (BTC), first mentioned in [1]], measuring the fraction of predictions
that are still predicted correctly after a model update; and (ii) Backward Error Compatibility (BEC),
which corresponds to the probability that an incorrect prediction after an update is not new.

Ensemble Learning Ensemble methods aim to combine several ML models into a single model
with higher performance than each of the individual models. Common techniques are boosting [L1],
bagging [6], or Bayesian model averaging [[16]. Our approach falls into the latter category. We
compute the posterior probability (Z) in the same way as the well-known Naive Bayes combiner [23].
The classifier corresponding to our MB strategy goes back to at least Nitzan and Paroush [27] and has
been thoroughly analyzed [3]]. There are also Bayesian techniques that avoid Assumption|[I] but these
either make some parametric assumptions [20]] or assume a very special form of dependence [3].

6 Experiments

We now evaluate our Bayesian approach to the Prediction Update Problem against different baselines
using the task of image classification as a case study.

6.1 Experimental Setup

Data Sets We use the three widely accepted benchmark data sets ImageNet1K [7] (1K classes, 50k
validation set), ObjectNet [2] (313 classes, 50k validation set) and CIFAR-10 [21] (10 classes, 10k vali-
dation set). To imitate our assumed setting of deploying pre-trained models to an unlabelled target data
set, we only use the corresponding validation sets as D8, The ground truth labels are only used post-
hoc to compute performance metrics and are not seen during the 7" update steps. Of the 313 classes in
ObjectNet, 113 are shared with ImageNet, corresponding to a subset of 18,547 images. ObjectNet im-
ages exhibit more realistic variations than those in ImageNet. It only has a test set and thus constitutes
a challenging transfer scenario for object recognition models. We deploy ImageNet-pretrained models
both on ImageNet and on the above subset of ObjectNet, thus simulating the cases that the source
and target distributions are the same or different, respectively. For the former, we split the ImageNet
validation set in half and use one half to estimate 7* and the other as D8 For the latter, we estimate
7t from the full ImageNet validation set and evaluate on ObjectNet. We thus assume the covariate
shift case, where the conditional label distribution is shared across source and target distributions.

Models & Architectures To emulate the setting of sequentially improving classifiers arriving
over time, we use the following 17 models and architectures with many of them setting a new
“state-of-the-art” on ImageNet at the time they were first introduced: AlexNet [22]; VGG-11,
13, 16, and 19 [41]]; ResNet-18, 34, 50, 101, and 152 [13]]; SqueezeNet [18]; GoogLeNet [48];
InceptionV3 [49]; MobileNetV2 [36]; DenseNet-121 and 169 [17], and ResNeXt-101 32x8d [52].
For ease of reproducibility, we use pre-trained models from the torchvision model zoo [29] and [32].
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Figure 2: Left: Temporal evolution for ImageNet — ImageNet over T' = 16 prediction-update steps for a
subset of strategies and budgets. Right: Comparison of prediction-update strategies across different budgets
after 7' = 16 prediction-update steps. Dashed lines correspond to the ablation using a random selection strategy.

Performance Metrics Recall that our goal is to: (i) improve overall accuracy, (ii) avoid negative
flips, and (iii) use as few re-evaluations as possible. To assess these different aspects, we report the
following metrics: (i) final accuracy of the stored predictions (Acc) and accuracy improvement over
the initial accuracy of C° (AAce); (ii) the cumulative number of negative flips from time ¢ = 0 to
T (X NF), the average negative flip rate experienced per iteration, i.e., ]EVNTF (NFR), and the ratio
of accumulated positive to negative flips (PF/ NF); (iii) the evaluation budget available to each
strategy as percentage of the data set size, i.e., a budget of 10 means that 10% of all samples can
be re-evaluated at each time step: B! = 0.1, Vt; finally, we measure the connective backward
compatibility between (i) and (ii) via Backward Trust Compatibility (BTC) and Backward Error
Compatibility (BEC) [43]. We refer to Appendix[A.2]for additional details.

Baselines and Oracle We compare our method against two baselines: (i) Replace always updates
the stored prediction with that predicted by the most recent classifier (a.k.a. backfilling); (i) Majority
Vote takes into account previous model predictions and updates the stored prediction according to
the majority prediction—in case of a tie, the prediction of the most recent classifier is chosen. For
reference, we also compare our method against an Oracle, which performs a prediction update if and
only if this would lead to a positive flip; it thus incurs zero negative flips by definition (knowing the
ground truth label). We emphasize that, in practice, we do not have that information in our setting.

Selection- and Prediction-Update Strategies For all methods, we select B® < N samples using
the posterior label entropy selection strategy from § [3.2] but also compare with randomly selecting
samples for re-evaluation. For all experiments involving the random selection strategies we run the
same experiment for five different random seeds each and report the average. We use the prediction-
update strategies MB, MBME and CR from §[3.3|and consider cost ratios of |c""/¢™| € {2,5,10}
for the latter (e.g., CR 2).

6.2 Results for ImageNet — ImageNet

In Fig. 2| (left), we show the temporal evolution of backwards compatibility scores, negative flips and
accuracy gains for prediction-updates on the ImageNet validation set for a subset of strategies and
budgets. A complete account of final performances with additional metrics is shown in Tab. || (left).

For the evolution of AAcc in Fig. [2] (left), we observe that, unsurprisingly, strategies with 100%
budget experience a more rapid gain in accuracy than those with 10%. Among the budget-constrained
strategies, the CR strategy with large cost ratio shows the slowest increase, which makes sense as
it requires a substantial change in posterior belief for updating a stored prediction and is thus more
conservative. Interestingly, however, the final accuracies only differ marginally across both strategies
and budgets which is also apparent from the minor differences in the AAce column of Tab. [T} For the
evolution of ¥ NF in Fig. [2 (right), we observe a clear separation of strategies with a natural ordering
from least conservative (Replace) to most conservative (CR 10). These relative differences stay
mostly constant over time as NFs appear to accumulate approximately linearly (note the log-scale).
We find roughly an order of magnitude difference in X NF between the best non-probabilistic baseline
(Majority Vote) and the best Bayesian method (CR 10). Especially for small budgets of up to 30%,
our Bayesian strategies clearly dominate the non-probabilistic baselines both in terms of accuracy
and flip metrics, as can be seen from Tab. |l|and Fig. 2| (right). Moreover, the CR strategy appears to



Table 1: Results for ImageNet — ImageNet (left) and ImageNet — ObjectNet (right): all metrics refer to final
performance for the improving model sequence from Fig. [2]and Fig. [B|respectively. The character E or R in front
of the strategy indicates that selection for re-evaluation is based on the entropy criterion or sampled randomly.

| Strategy | Avg. BTICT Avg BECT Acc(%)1 AAce(%)? SNFL NFR (%)) PF/NFT | Strategy | Avg. BTICT Avg BECT Acc(%)1 AAcc(%)T SNFL NFR (%)) PF/NFT
| Oracle | 100 100 912 347 0 0 - | Oracle | 100 100 50.5 426 0 0
® Replace 91.37 71.71 792 227 24214 6.05 1.2 o | Replace 72.65 92.61 319 24 16669 5.62 1.3
£ | Majority Vote 97.18 93.95 789 03 B2 184 18 £ | Majority Vote 89.99 98.02 296 216 4690 158 19
=| MB 98.32 9645 77.1 205 4378 1.09 22 S| mB 94.46 98.96 2.1 212 477 083 26
l.; MBME 98.78 97.69 773 20.7 3057 0.76 27 1| MBME 95.86 99.34 28.6 20.6 1599 0.54 34
5| cr2 98.72 97.19 77.1 206 3368 084 25 %| cr2 9592 9921 29 21876 063 31
Z|Ccrs 99.06 97.82 77.1 205 2520 0.63 3 2| RS 97.18 99.41 288 208 1372 046 38
CR 10 99.22 98.15 7 05 212 0.53 34 = cr10 97.82 99.54 287 208 1084 0.37 46
RiReplace 97.56 94.53 774 208 65464 164 18 RiReplace 92.19 98.26 29 21 40706 137 2
R:Majority Vote 98.6 97.18 771 205 36164 09 24 R:Majority Vote 9491 99.02 273 194 23466 079 25
& | EReplace 96.53 9101 785 2 9708 243 16 & | EReplace 91.75 98.14 29 21 4316 145 19
2 | E:Majority Vote 98.03 95.63 785 2 131 21 2 | E:Majority Vote 9354 98.76 282 203 2970 1 23
; MB 98.71 97.25 78.1 21.6 3375 0.84 26 ; E:MB 96.24 99.35 278 19.9 1565 0.53 34
% | EMBME 98.98 98.04 778 212 2577 0.64 31 5| EMBME 96.64 99.48 269 189 1280 043 37
Z | ECR2 99.02 9786 78 215 2578 064 31 Z | ECR2 9742 99.55 217 197 1074 036 44
E:CR 5 99.32 98.43 78 21.5 1831 0.46 39 E:CR 5 98.43 99.71 274 19.4 689 023 6.2
ECR 10 99.44 98.67 779 24 1517 0.38 45 ECR 10 98.91 99.79 2.1 192 504 0.17 8.1
RiReplace 99.22 98.63 713 147 19584 049 29 R:Replace 9749 99.6 21 142 9966 034 36
R:Majority Vote 99.4 98.98 712 147 14814 0.37 35 R:Majority Vote 97.86 99.68 21.6 13.6 808.8 027 4.1
£ | EReplace 99.04 98.12 76.1 195 2468 0.62 3 £ | EReplace 97.5 99.6 237 157 99 034 39
= | E:Majority Vote 99.06 98.18 759 193 2417 0.6 3 = | E:Majority Vote 975 99.6 237 157 99 034 39
L | EmB 99.38 98.89 753 188 1557 039 4 1| EmB 98.08 99.72 27 148 69 023 49
5| EMBME 99.38 98.92 752 187 1533 038 4 5| EMBME 98.08 99.72 27 148 69 023 49
2 | ECR2 99.55 99.22 753 18.7 1118 0.28 52 2 | ECR2 98.68 99.83 207 12.8 427 0.14 6.6
ECRS 99.72 9951 752 186 700 0.18 77 ECR5 9932 99.92 182 103 197 0.07 107
ECR 10 99.79 99.64 75.2 186 515 013 10.1 ECR 10 99.57 99.95 172 92 Iz 0.04 15
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Figure 3: Left: Temporal evolution for ImageNet — ObjectNet over 7' = 16 prediction-update steps for a
subset of strategies and budgets. Right: Comparison of all strategies after 7" = 16 on ObjectNet.

provide control over the number of negative flips via its cost-ratio hyperparameter without adversely
affecting final accuracy across a range of budgets, as already observed for a budget of 10% in Fig. 2]
Interestingly, the update rules seem to be optimal when evaluating on less than 100% budget. We
attribute this to posterior approximation errors on ImageNet, which is being supported by extensive
ablations in the supplement. Regarding backward compatibility (our ultimate goal), we find that
BTC and BEC scores reliably outperform the baselines across all budgets. In particular, the CR 10
strategy seems to be especially suitable with scores close to 100%, i.e., oracle performance.

Summary Our method appears to successfully fulfill the three desiderata for backward-compatible
prediction-updates in an i.i.d. setting. In particular, our CR strategy seems like the most promising
candidate to (i) maintain high accuracy gains and (ii) introduce very few negative flips, when (iii)
given only a small compute budget for re-evaluations.

6.3 Results for ImageNet — ObjectNet

Results for prediction-updates on ObjectNet are presented (similarly to §[6.2) in Fig.[3]and Tab.[T]
(right). This transfer setting constitutes a much more challenging task. Nevertheless, we observe very
similar behaviour to that discussed in §[6.2)and thus only point out the main differences. First, we note
that - despite the smaller target data set - the difference in negative flips across different strategies and
budgets is even larger on ObjectNet. For example, we observe a reduction in 3 NF of more than two
orders of magnitude between Replace (100) and CR (10), and about one order when comparing the two
for the same budget. At the same time, differences in accuracy across strategies are also slightly more
pronounced, especially for the smallest budget of 10%. Here, the more conservative CR strategies
yield lower accuracy gains while MB and MBME maintain competetive accuracy gains. Our strategies
are again clearly dominating in terms of backward compatibility w.r.t. BTC and BEC. We remark that
these results are agnostic to any potential differences in the label space: they are based on a posterior
over all 1000 ImageNet classes whereas ObjectNet only contains a subset of 113 of these classes.
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Figure 4: Left: Temporal evolution for CIFAR-10 over 7" = 11 prediction-update steps for a subset of strategies
and budgets. Our approaches achieve competitive overall accuracy gains (even at 10% of the budget) while
introducing only a fraction of negative flips. Right: Experiment on ImageNet with random model sequence
suggesting robustness of our approach to situations where an ordering by performance of may not be available.

6.4 Further Experiments and Ablations

Results for CIFAR-10 In Fig. |4| (a) we show the corresponding results on the CIFAR-10 dataset.
Here, pre-trained models exhibit a higher level of accuracy (= 93 — 95%) and we thus emulate
an arguably more realistic scenario with models being released more frequently, thus with smaller
accuracy differences. Our method shows very similar trends as we have worked out on ImageNet
and ObjectNet. Interestingly, there is one novel characteristic: due to the presumably less steep
increase in accuracy from one model to its successor and fewer class categories, we can form very
accurate posterior beliefs which results in accuracy gains of all our methods that even outperform the
accuracy-optimizing baselines concerning desideratum (i). A more comprehensive analysis of these
experiments can be found in Appendix [A.3]

Role of the Selection Strategy We also conduct a comparison between our entropy selection and
the random baseline for all our methods across a range of budgets - see dashed lines in scatter plots.
We find that random selection leads to substantially smaller accuracy gains, but also to fewer negative
flips which is intuitive since random selection more often chooses “easy” samples for re-evaluation.

Robustness to Random & Adversary Model Sequences We have assumed that the models C* are
improving over time. We thus also consider the scenario where C? arrive in a random or adversarial
(i.e., strictly deteriorating) order. For the random order (see Fig. E] (b)) we find that our methods -
unlike, e.g., the replace strategy - achieve strict increases in accuracy while introducing much fewer
negative flips. Even in the adversarial case, our methods improve accuracy during the initial steps
with much fewer negative flips over the entire history. These findings suggest robustness of our

approach to situations where an ordering by performance of C'* may not be available. We refer to
Appendix for more details.

Reducing Re-Evaluations Matters at Scale The re-evaluations of a sample using deep neural
network based models clearly dominate computational cost as compared to our method. As an
example, the forward pass using the public ImageNet PyTorch models takes up to 550 (biggest
VGG and ResNets) times longer than the unoptimized implementation of our method backbone.
We analyze this in more detail in Appendix For very large data sets and with new models
generally increasing in size, reducing the inference budget B is of crucial importance, emphasizing
the relevance of desideratum 3.

7 Conclusion

The Prediction Update Problem appears frequently in practice and can take different forms. It relates
to many different subfields of ML that we have discussed in § and §E], and there are interesting
extensions (structured prediction, adaptive budgets) and improvements (modeling data set structure,
across-dataset similarity, domain adaptation, calibration techniques) that need to be worked out. In
this work, we have studied the classification case and proposed a Bayesian update rule based on
simple assumptions. Empirically, we find improvements along the dimensions we set out to achieve,
and we hope that progress on this problem will democratize ML usage even further as it lowers the
bar for benefitting from the tremendous progress in model design seen over the last years.
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A Additional Experiments and Ablation Studies

In this supplement, we present additional results and ablations of experiments referred to in § [6|of the
main paper.

A.1 Assumption of Conditionally-Independent Classifiers

In the case of two given classifiers our assumption implies that Vn, (¢, ') : I(Y;:; V' |Y,) = 0. To
quantify deviations of Assumption 1, one could therefore measure this conditional mutual information,
but note that this in itself is challenging on finite data and would again inherit model assumptions
through the choice of the estimator. Since pairwise independence does not imply mutual independence,
even having these quantities might not be sufficient for a long classifier sequence. An alternative
approach could thus be to measure the Maximum Mean Discrepancy (MMD) between the LHS and
RHS of Assumption 1, which can be viewed as a conditional version of the d-dimensional Hilbert

Schmidt Independence Criterion (dHSIC), see [30].

Importantly, all of the above approaches aim to quantify and subsequently incorporate correlations
between classifier predictions, and thus rely on having large amounts of labelled data to properly
estimate them which is almost never the case in practice. Since our goal was to devise an approach
that can be useful in practice, when the number of classes, observations, and models is typically very
large, we believe that the model choice behind Assumption 1 is reasonable; it enables both tractable
inference and parameter estimation.

A.2 Backward Compatibility Scores

For the reported BTC and BEC scores we follow the definition proposed in [43] with h; and ho
being the predictors at time step 1 and time step 2. Translated to our setup, we associate h; with
our estimated and stored prediction at time step 1 whereas ho corresponds to the updated prediction
dataset at time step 2:

Backward Trust Compatibility (BTC) score. “The ratio of points in a held-out test set (e.g., Diest)
that predicted correctly among all points h; had already predicted correctly.” [43]]
it L (@) = yi, ha(@i) = yi]
D
S U (@) = yi

BTC = “4)

Backward Error Compatibility (BEC) score. “The proportion of points in a held-out test set that
ho predicted incorrectly, out of which h; also predicted incorrectly, thus capturing the probability
that a mistake made by hs is not new.” [43]]

SV 1R (@) # yi, ha(@:) # yil

BEC =
S Afha (i) # yil

&)

A.3 Robustness to Random and Adversarial Model Sequences

As already eluded to in § in our main experiments we have assumed that the models C? are
improving over time. In general, this assumption may be justified by having observed superior
performance of a new model for the source domain on which they were trained, prior to deciding to
use it for re-evaluation on the target data set. However, such information may not always be available.

To check for robustness against violations of the assumption of improving classifiers, we also consider
scenarios where C* arrive in a random or adversarial (i.e., strictly deteriorating) order with respect
to their accuracy. To avoid unrealistically large fluctuations in the accuracy of new classifiers, we
removed AlexNet and SqueezeNet as the most poorly performing models from the random model
sequence for this set of experiments. Results on ImageNet in the form of the temporal evolution of
accuracy improvement and accumulated negative flips across different strategies and budgets are
shown in Fig.[3]
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For the random ordering in Fig.[5](a), we find that our methods—unlike, e.g., the replace strategy—
achieve strict increases in final accuracy while introducing much fewer negative flips, e.g., almost an
order of magnitude fewer for our CR strategies, compared to the Majority Vote baseline. Even in the
adversarial case in Fig. [5](b), our methods improve accuracy during the initial steps and introduce
much fewer negative flips over the entire history. These findings suggest robustness of our approach
to situations where an ordering by performance of C'* may not be available.
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Figure 5: Temporal evolution of accuracy improvement and accumulated negative flips on ImageNet
for two scenarios where the models C* do not exhibit improving performance, but instead arrive in
(a) random or (b) adversarial order. As can be seen, our methods are robust in both these cases while
introducing much fewer negative flips than the non-probabilistic baselines.

A.4 Role of Confusion Matrix Estimates

For the results of our main experiments reported in § [6.2]and §[6.3] we estimated only the diagonal
elements of the confusion matrices and set the off-diagonal elements to a constant, c.f. § @ To
investigate the role of the estimation procedure for the confusion matrices 7%, we also report results for
the case where we estimate the full confusion matrix of each classifier (i.e., including the off-diagonal
elements). To avoid off-diagonal elements which are estimated to be zero due to the large number
of classes and the limited size of the validation set split, we use a Laplace-smoothed version of
the maximum likelihood estimate, i.e., we add a one to each count and normalise accordingly, as
suggested in § 4]

Results of this comparison between different confusion matrix estimators for ImageNet and ObjectNet
are shown in Fig.[6] (The corresponding results for CIFAR-10 are shown in Fig. [7]and are discussed
in more detail in[A.5]) As is apparent from the comparison on ImageNet and ObjectNet in Fig. [6]
we indeed observe generally improved performance from estimating full confusion matrices, as
speculated in § 4}

In terms of final accuracy, we observe a different behaviour across different budgets. For large
budgets, estimating full confusion matrices leads to substantial accuracy gains on ImageNet and to
roughly equal or slightly improved accuracy on ObjectNet. For small budgets, on the other hand, we
find similar or smaller accuracy gains for full confusion matrix estimates; importantly, this effect is
most pronounced for the more conservative CR prediction-update strategies. In terms of negative
flips, we observe slight to major reductions across all budgets and strategies with full confusion
matrix estimates compared to only estimating the diagonals, i.e., the class-specific accuracies.

We believe that this behaviour is intuitive and can be explained as follows. Estimating the full
confusion matrices with smoothed counts generally yields smaller diagonal elements and larger
off-diagonal elements. This, in turn, means that our posterior beliefs (in particular, the ratio between
two consecutive MAP values) change less drastically after new re-evaluations, so that the more
conservative CR strategies update fewer labels and thus experience smaller and slower accuracy gains
when only few samples can be re-evaluated. At the same time, the resulting posterior estimates are
likely more accurate which is consistent with larger gains for large budgets and the reduced number
of negative flips. In summary, better confusion matrix estimates result in a further reduction in the
number of negative flips across the board. For small budgets and conservative prediction-update
strategies, however, this comes with a trade-off in overall accuracy gain.

15



ImageNet

*i4n . — Replace (100) — wsos  — Mo Rz 10) cr1000) — Replace (100} — wBjoo  — ws (o) 200 1000
s . Majority Vote (100)  — MBME (100 e (10)  — GRS (10) Majorty Vole (100)  — MBME(100) — MBME(10 — CR5 (10}

P

L S .
A

Accuracy Improvement A Acc (%)

Accumulated Negative Flips INF

(a) ImageNet: Role of Confusion (b) ImageNet: Diagonal Confusion (c) ImageNet: Full Confusion Matrix
Matrix Matrix

ObjectNet

o
o g0 ® FH
# i ke ,’
J i
/
W

e

°
- — Replace (100) — WBon  — MBIy 20 R 10010) — Replace (100) —WBU0O  — MBOO) r210) 10001
—— MajortyVote (100)  — MBME (100 — MsME(10] — CR5 (10} —— Majorty Vote (100)  — MEME(100) — MBME(10] — CR5(10)

Budget ()

cw e n ®wn

Accumulated Negative Flips INF 3
88

(d) ObjectNet: Role of Confusion (e) ObjectNet: Diagonal Confusion (f) ObjectNet: Full Confusion Matrix
Matrix Matrix

Figure 6: Investigation into the role of different confusion matrix estimates on ImageNet (top) and
ObjectNet (bottom). Dashed lines in the scatter plots (a) and (d) represent results for when the full
confusion matrices (i.e., including the off-diagonals) are estimated from smoothed counts on a split of
the validation set, and solid lines represent results under the less accurate confusion matrix estimates
where only diagonal elements (i.e., the class-specific accuracies) are estimated, as in the experiments
of the main paper.

A.5 Experiments on CIFAR-10

CIFAR-10 is an image classification dataset comprising images of objects from 10 distinct classes
(airplanes, cars, birds, cats, deer, dogs, frogs, horses, ships, trucks). It contains a training set of
50,000 images and a test set of size 10,000. It is thus a rather simple classification dataset compared
to ImageNet and ObjectNet but has been a key driver for advancing ML models and computer vision
before the introduction of ImageNet. Using the CIFAR-10 test set as our target dataset, we can study
the Prediction Updates Problem in an i.i.d. setting with a small number of classes.

CIFAR-10 — Replace (100) — Bl
P few
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(a) Comparison of final perfor-(b) Diagonal confusion matrix estimate (c) Full confusion matrix estimate
mance

Figure 7: Summary of prediction-updates on CIFAR-10. Similar to Fig.[6] dashed lines in (a) represent
results with full confusion matrices estimated from smoothed counts and solid lines represent using a
less accurate confusion matrix estimate where only diagonals are estimated from data. We observe
very similar behaviour to that described for ImageNet and ObjectNet in §[6.2]and § [6.3] respectively.
The most interesting difference compared to our experiments on ImageNet and ObjectNet, is that,
on CIFAR-10, our methods achieve substantially larger accuracy gains compared with the baselines,
even for small budgets.

Similar to our experiments on ImageNet and ObjectNet reported in § [6] where we used models
which had been pre-trained on ImageNetE for our experiments on CIFAR-10, we use models which
have instead been pre-trained on CIFAR-10, available from an open source github repositorym This
repository contains pre-trained models for a subset of the same architectures listed in § [6.1] excluding

ImageNet pretrained models: link
"CIFAR-10 pretrained models: link
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https://pytorch.org/vision/0.8/models.html
https://github.com/huyvnphan/PyTorch_CIFAR10

AlexNet, SqueezeNet, ResNet-101, ResNeXt; the released VGG pre-trained models represent variants
with batch normalization. We order these CIFAR-10 pre-trained models according to their validation
accuracies reported in the above repository. Compared to ImageNet and ObjectNet, pre-trained
models on CIFAR-10 exhibit a much higher level of accuracy (between 93% and 95%) with much
smaller differences between the best and worst model. As a consequence, our experiment on CIFAR-
10 emulates a scenario in which incoming new classifiers exhibit smaller performance gains. This
might reflect a practical prediction-updates setting with a higher frequency of incoming new models.

The results of our experiments on o 100 MBME(O0) — MEME(D) — CR3(10) — orscle 00
CIFAR-10 are summarised in Fig.[7] Our

method shows very similar trends w.r.t.
all update strategies and metrics as we
have worked out on ImageNet and Ob-
jectNet. Interestingly, there is one novel
characteristic when it comes to the ac-
curacy gains: due to the presumably
less steep increase in accuracy from one
model to its successor and fewer class
categories, we can form more accurate
posterior beliefs which results in accu- Figure 8: BTC and BEC evolution on CIFAR10 with utilizing
racy gains for our CR 10 with smallest diagonal confusion matrix elements only.

budget that outperforms the backfilling

Replace (100) baseline. The overall ac-

curacy gain similarly remains competitive with all Majority Vote variants while exhibiting only a
fraction of the negative flips. Again, BTC and BEC strongly outperform all baselines along every
update step for all our methods as can be seen in Fig. [§]

5

o o o o
s I & ©

Backward Error Compatibility (BEC)
°
&
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MobileNet
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DenseNet-121

A.6 On Peaking Accuracies

In Fig. 2| (right, solid lines), we observed a peak in AAcc at 30% budget for all our strategies when
performing prediction-updates on ImageNet. This suggests that our update rules are no longer
beneficial on this dataset when re-evaluating more than the top 30% of samples with highest posterior
entropy. From our ablation experiments on different confusion matrix estimates shown in Fig. [6] (a),
we observe that this peaking phenomenon is much less pronounced and occurs only at larger budgets
of B > 50% when estimating the full confusion matrix based on the half of the validation set on
which we do not evaluate. We therefore conjecture that this behaviour may be related to inaccurate
estimates of the posterior resulting from our approximation of the unknown confusion matrices (and
possibly the assumption of conditionally independent classifiers).

To further investigate this hypothesis, we performed an ablation where we use the full validation set
both to estimate the confusion matrix (with smoothing) and for evaluation—i.e., we do not use a
50-50 split of the validation set as in Fig. [f|and all experiment in the main paper—thus matching
almost exactlyﬂ the confusion counts statistics of the evaluation set. As a result, we can expect our
estimates of the posterior distribution to be much more accurate in this case.

The results are shown in Fig. [0]in dashed lines, compared to the peaking behaviour from our default
method in solid lines for reference. Apart from substantial gains in overall accuracy, we find that the
peaking phenomenon disappears almost entirely,with only a very slight drop in accuracy remaining
between budgets of 50% and 100% for some strategies. This seems to confirm our hypothesis that the
main source of the peaking behaviour are approximation errors in our posterior estimates resulting
from inaccurate confusion matrices.

A.7 Role of the Selection Strategy

We also conduct an ablation study on the role of the selection strategy for samples to be re-evaluated
as was being mentioned in §[6.4] In particular we conduct a comparison between our posterior entropy
selection and the random selection (without replacement) baseline for all our methods across a range
of budgets—see Fig. [I0] for these ablation results on all three datasets CIFAR-10, ImageNet and

8up to the one count smoothing effect.
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Figure 9: Further investigation into the peaking phenomenon observed for prediction-updates on
ImageNet in Fig. [2] (right). Solid lines are as in Fig. [2] (right), i.e., using a 50:50 split of the validation
set, using one half to estimate the diagonal elements of the confusion matrices and the other half
as our target evaluation set; dashed lines show the results of our ablation experiment where we use
the full validation set to both estimate the exact statistics of the confusion matrix and to evaluate
the different methods. Since the evaluation set for the latter is twice as large, we scaled the reported
negative flips by 0.5 for ease of comparison.

ObjectNet. Along all datasets, we find that random selection leads to substantially smaller accuracy
gains, but also results in fewer negative flips. We can explain these fewer negative flips by the fact
that our random selection more often chooses “easy” samples for re-evaluation. Under a random
selection criteria, there is no preference in re-evaluating more “controversial” samples w.r.t previous
predictions. This effect becomes particularly pronounced for small budgets. Our finding suggests
that the selection strategy is indeed a relevant component, with room for improvement as discussed
in § @ This is also highlighting the potential control capability of this component regarding our three
desiderata.

A.8 Evolution of the Stored Label Distribution

For additional insights which samples are getting selected for re-evaluation by our entropy selection
criterion, we also show some characteristic count distribution of correctly and incorrectly stored
predictions along various update steps. See Fig.|11|for this distribution after every second update step
on ImageNet using the MB strategy with a compute budget of B = 10 (%).

A.9 Reducing re-evaluations matters at scale

To see that the re-evaluations of an example image using deep neural network based models clearly
dominate computational cost as compared to our method backbone that involved computing the
approximate posterior, label entropy and update strategy details, we measure the time for the plain
model estimation vs the time for posterior update on the same Intel Xeon (Cascade Lake) CPU for
the sake of comparison. We summarize our measurement in Tab. 2] for all used ImageNet models,
showing the multiples in compute time required by the model inference (per image on average)
compared to the timing per image of our fully unoptimized method implementation, i.e. the posterior
update backbone. For very large data sets and with new models generally increasing in size, reducing
the inference budget B is of crucial importance, emphasizing the relevance of desideratum 3.

A.10 Result Tables of Main Experiments

For sake of completeness and reproducibility, we also provide a complete quantitative account of all
the main experiments and ablations on all three datasets discussed throughout this paper in Tab.
and Tab.[dl

A.11 On Utilizing Uncalibrated Soft Labels

Finally, we tested our method on incroporating the uncalibrated soft labels provided as output in the
pre-trained ImageNet models by repeating the ImageNet and ObjectNet experiment (in combination
with full confusion matrix estimation). As already discussed in § [} deep neural networks are
known to have unreliable uncertainty estimates [[14, 25} 26, 147] and we therefore do not expect these
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Figure 10: Ablation results for comparing random (dashed lines in scatter plots) and entropy-ranked
(solid lines in scatter plots) selection strategies on CIFAR-10 (left column), ImageNet (middle
column) and ObjectNet (right column). Different rows of the bar plots correspond to, from top to
bottom, B =10, 15, 20, 30, 50%. Note that at 100% budgets, the two selection strategies are identical
as all samples are re-evaluated at each step. We find that random selection leads to substantially
smaller accuracy gains, but also fewer negative flips. This is intuitive as random selection more often
chooses “easy” samples for re-evaluation. The effect is particularly pronounced for small budgets.

Table 2: Time measurements of a single forward pass versus the mean average time to compute the
posterior update (0.406 milliseconds) on the same computational ressources for comparability. For
reference we extrapolated how long it would take to infer the predictions from 1B images.

Model \ model re-evaluation [milliseconds] \ ratio inference vs posterior update \ inference for 1B images [days]
alexnet 29,6 73 343
squeezenet 32,6 80 378
vggll 125,5 309 1452
googlenet 65,6 162 759
resnetl8 31,5 78 364
vggl3 164,1 404 1899
vgglé 1913 471 2215
mobilenet 23,1 57 267
vggl9 223,0 550 2582
resnet34 50,8 125 587
densenet121 74,4 183 862
densenet169 93,5 230 1082
resent50 70,6 174 818
resnet101 114,0 281 1319
inceptionv3 115,8 285 1340
resnet152 158,2 390 1831
resnext101 32x8d | 206,6 509 2391
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Figure 11: Count distribution evolution of correctly and incorrectly stored predictions on ImageNet
using the MB update strategy under a budget of B = 10. Samples with currently stored predictions
being false are depicted with blue, and correctly stored predictions with orange. We observe that
under this MB strategy, samples with highest entropy tend to store false predictions, thus benefitting
from re-evaluation particularly.

results to be representative of what our method could achieve if it has access to truly calibrated
soft labels. We now utilize the full output softmax vector p*! = C*(x,,) and refine our likelihood
estimate in eq. (2) by multiplying the confusion matrix coefficients with the soft label vector,
ie. wi(gh, k) — >, pilnt(i, k). We show the temporal evolution compared to the hard-label
implementation using only diagonal confusion matrix estimates in Fig.[T2]and a full account over the
final performance metrics and all selection strategies and budgets in Tab.[5]and Tab.[6] Overall the
results are slightly less conclusive and less consistent, most likely due to the known uncalibrated soft
labels, emphasizing the strength of our method when only having deterministic labels. Specifically,
on CIFAR-10, there are additional accuracy gains but often we accumulate more negative flips and
BTC, BEC are typically slightly worse. On ImageNet, accuracy gains are sometimes worse without
finding a clear pattern when this is the case, but negative flips are sometimes significantly lower. BTC,
BEC seem to be better on the majority of update strategies and labels. On ObjectNet, we likewise
find no clear patter in the accuracy gains. However, accumulated negative flips are generally much
lower and both, BTC and BEC, even higher (very close to 1.0) but we want to emphasize that they
were already very high for the ObjectNet experiments from the main paper.

20



Table 3: Full results of all experiments on ImageNet (left) and ObjectNet (right) under the standard
setting of an improving sequence of models and estimating confusion matrices on a separate
split of the data (i.e., not on the target data set) as explained in §|@ The first number in each
cell refers to estimating only the diagonal elements (i.e., the class-specific accuracies) of confusion
matrices, and the second number (in brackets) refers to estimating the full confusion matrices
with smoothing. The character E in front of a budget indicates that selection for re-evaluation is
based on our posterior label entropy criterion (e.g., E30 refers to selecting the top 30% samples
with highest entropy), and the character R indicates selecting a randomly sampled subset without
replacement. Note that entropy-based selection requires a posterior and is thus not applicable for the
baselines Replace and Majority Vote.

Strategy Budget % | Acc (%) AAece (%) NNFNFR (%) PF/NF Avg BTC  Avg BEC Strategy (Budget %) | Ace (%) Adee (%) SNFNFR (%) PF/NF Avg BTC  Avg BEC
100:Oracle 912(912) 347(347) 00) 0000 NaN(NaN) 1000 (100.0)  100.0(100.0) 100:0racle 50.5(505) 426(42.6) 00 0000 NaN(NaN) 1000 (100.0) 99.99(99.99)
RIO0:Replace 792792 27027) 24214214 605605 12(12) 91370137 7771 (7771 RI00:Replace 319(319) 240(240)  16669(16669) 562(5.62)  13(13) 7265(72.65) 92,61 (92.61)
RI00:Majority Vote | 789 (78.9) ) 7352(7352) 184 (1.84) 9718 (97.18)  93.95(93.95) RIO0:Majority Vote | 29.6(29.6) 21.6(216) 4690 (4690) 158(158)  19(1.9) 8999 (89.99) 98.02(98.02)
EI00:MB 77.1 (78.7) ) 4378 (4373)  1.09(1.09) 98.32(9832)  96.45(96.4) EI00:MB 20101) 212211 2477(2675)  083(09)  26(25) 94.46(94.04) 9896 (98.88)
EI00:MBME 77.3(78.5) 207 (220) 3057 (3910) 076 (0.98) 98.78 (98.48)  97.69 (96.88) E100:MBME 286(287) 206(20.7) 1599 (2267) 0.54(0.76)  34(27) 9586(94.63) 99.34(99.06)
EI00:CR 2 T7.1(85) 206 (220) 3368 2342)  0.84(0.59) 33) 9872(99.12) 9719 (98.0) EI00:CR 2 290(288) 21.0(209) 1876 (1611)  063(0.54)  31(34) 9592(96.54) 9921 (99.32)
EI00:CR 5 77.1(784) 205218) 2520(1300)  0.63(033)  3.0(52) 99.06(99.52) 972 (98.56) EI00:CR 5 288(28.5) 208(206) 1372(853)  0.46(0.29)  38(55) 97.18(98.28) 99.41(99.63)
EI0O:CR 10 77.0(782) 205 217) 2112(1023) 053026 34(63) 99.22(99.62) 98.15(99.11) EI00:CR 10 28.7(282) 208(203) 1084 (660) 0.37(0.22)  46(67) 97.82(98.68) 99.54(99.72)
RS0:Replace 784(784) 218(218) 114788(114788) 287(287)  15(15) 9582(9582) 89.88 (89.88) RS0:Replace 307(07) 227(227) 75838(75838) 256(256)  16(16) 8663 (86.63) 9669 (96.69)
RSO:Majority Vote | 78.1 (78.1)  216(216)  S0482(50482) 126(1.26) 21 (21) 9807 (98.07) 9592 (9592) RSO0:Majority Vote | 286(286) 20.7(20.7) 3281.6(3281.6) LII(L1)  22(22) 9301 (9301) 98.62(98.62)
RS0:MB 76.9(77.7) 204QL1 30228 (30 076(076)  27(Q7) 9883(98.82) 97.62(97.57) RS0:MB 278Q77) 199(198) 16766(17804)  0.56(0.6)  32(3.1)  96.13(95.9)  99.3(99.26)
RS0:MBME 765(775) 200209 23254(2917.6) 058(0.73)  31(28) 99.08(98.87) 98.27(97.72) RS0:MBME 269(274) 189(194) 12804 (16820) 043(0.57)  37G.1) 96.77(96.04) 9948 (99.31)
RSO0:CR 2 768(774) 203(208)  22336(15728) 056(039)  33(@43)  99.14(994) 98.22(98.74) RS0:CR 2 275273) 196(194)  11654(9230) 039(031)  41@49) 973(97.86) 99.52(99.62)
RSO:CR 5 76.6(77.0)  20.1 204) 16038 (8406)  0.4(021)  41(7.1) 99.39(99.68) 98.69(99.32) RS0:CR 5 272(266) 192(187)  7802(469.6) 026(0.16)  56(34) 9826 (9898)  99.67(99.8)
RSO0:CR 10 76.7(76.7)  20.1202) 13146(6592)  0.33(0.16)  48(86) 99.51(99.75) 98.92(99.46) RS0:CR 10 270(262) 191(183)  5998(3532) 02(0.12)  69(106) 987(%9.22) 9975 (99.85)
ESOReplace 789(796) 224(23.1) 15732(15503)  393(388)  14(14) 9441(9453) 8537 (85.23) ES0Replace 310G313) 2310234 T882(TT30)  266(26)  15(16) 8626 (86.78) 9653 (96.59)
ESO:Majority Vote | 787 (79.1)  22.2(22.6) 6318(6420)  158(1.6)  1.9(19)  97.6(97.58) 9474 (94.55) ESO:Majority Vote | 295(29.6) 215 (21.7) 3895(3759) 1310127)  20Q0)  9173(922) 9836(9841)
:MB TI8(190) 213 (224) 3969 (3941) 0.99(0.99)  23(24)  9848(98.5) 9678 (96.71) MB 289(29.) 209(212) 20792081) 0707 29(29) 9523(9534) 99.13(99.13)
776(787) 21.1(222) 2004(3636) 073(091)  28(25) 9885(98.6) 97.79 (97.05) ESO:MBME 282(286) 203(20.7) 1452(1944)  049(0.66)  36(3.0) 96.18(95.52) 99.41(99.19)
778(788) 212(222) 0142128) 0750.53)  28(.6) 9886(9921) 975 (98.17) ES0:CR 2 287(287) 208 (208) 1506 (136)  0.51(038)  36(44) 9664 (97.54) 9937 (99.52)
777(786) 212(220) 214(1168) 055029  34(G7) 99.18(99.57)  98.09(9896) ES0.CR 5 285(284)  206(204) 1049(569)  0.35(0.19)  46(77) 97.83(98.88) 9955 (99.75)
77.7(83) 211218) 1832913)  046(0.23)  39(7.0) 99.33(99.67)  98.4(99.19) ES0:CR 10 284(8.1) 205(202) 828(430) 028(0.14)  5.6(97) 9835(99.16) 99.64(9981)
R30:Replace T74(774) 208(208) 65464 (65464) 164(L64)  18(18) 97.56(97.56) 94.53 (94.53) R30:Replace 290(290) 210(210) 407060706 137(137)  20(20) 92.19(92.19) 98.26(98.26)
R30:Majority Vote | 77.1(77.1)  205(205)  36164(36164)  09(0.9)  24(24)  986(98.6) 97.18(97.18) R30:Majority Vote | 273(273)  19.4(19.4)  23466(23466) 079(0.79)  25(25) 9491 (9491) 99.02(99.02)
R30:MB 759(763) 194(197)  21862(22004) 0.55(0.55)  32(32) 99.14(99.14) 9835 (98.34) R30:MB 259(259) 180(179) 11858(12186) 04(041)  38(37) 97.12(9701)  99.52(99.5)
R30:MBME 753(762) 187(196) 18596 (21838) 0.46(0.55) 9926 (99.14)  98.65 (98.36) 2510257) 172(178) 10084 (12080) 034(041)  42(7) 9741(97.03) 99.59 (99.51)
R30:CR2 755(755) 190(189)  16070(10924)  04(0.27) 99.37(99.57)  98.8(99.19) 254(249) 175(169)  T822(6012)  026(02)  52(62) 98.05(98.46) 99.68(99.76)
R30:CR 5 75.0(747)  185(182) 1087.2 (564.8)  0.27(0.14) 99.58 (99.78) 9917 (99.57) 246(239) 166(160)  4762(2754) 016009  75(118)  988(9932) 99.81(99.89)
R30:CR 10 749(742)  184(17.7) 875.4(4342)  022(0.11) 99.66 (99.83)  99.33 (99.68) 244(235) 164(155)  3316(1908) 011006 102(161) 99.17(9953) 99.86(99.92)
E30:Replace 785(193) 220(228) 9708 (8900) 243 (2.23) 96.53(96.82)  91.01 (91.69) 290297) 210217 4316(4093) 145(138)  19(20) 91.75(9239) 98.14(98.23)
E30:Majority Vote | 785(79.2)  22.0 (22.6) 5232(4989) 131 (1.25) 98.03 (98.12)  95.63(95.79) 30:Majority Vote | 28.2(28.6) 203 (20.6) 29702703) 10O 23(24) 9354(9423) 9876 (9857)
30:MB T81(78.9) 216(224) 3375(3180)  0.84(0.8) 9871 (9879)  97.25(97.37) 30:MB 27.87.6) 199(19.7) 1565 (1402) 053 (047)  34(36) 96.24(96.66) 9935 (99.42)
E30:MBME T78(788) 212(222) 25773071)  0.64(0.77) 98.98 (98.83)  98.04(97.49) E30:MBME 26927.6) 189 (19.7) 1280 (1402)  043(047)  37(3.6) 96,64 (96.66) 99.48 (99.42)
E30:CR2 780(787) 215021) 2578 (1664)  0.64 (0.42) 99.02(9937)  97.86 (98.58) E30:CR 2 217(269) 19.7(19.0) 1074(675)  036(023)  44(62) 97.42(9832) 9955 (99.72)
E30:CR § 780(78.3) 215Q218) 1831 (890)  0.46(0.22) 99.32(99.67)  98.43(99.21) E30:CR 5 274(260) 194 (18.1) 689(312) 023(0.11)  62(118) 98.43(9931) 9971 (99.87)
E30CR 10 77.9(78.1)  214216) 1517(707) 0.38(0.18) 99.44(99.74)  98.67(99.37) E30:CR 10 27.0(254) 192175 504214 017007 81(162) 9891 (99.53) 9979 (99.91)
R20:Replace 75757 19019 41TL0@ITL0) L04(L04)  2121) 9841(9841) 96719671 R20:Replace 27027.0) 19.1(19.) 24538(24538) 083(0.83)  24(24) 9482(9482) 98.97 (98.97)
R20:Majority Vote | 75.4(75.4)  189(189)  2690.2(2690.2) 0.67(0.67)  28(28) 98.95(98.95) 9799 (97.99) R20:Majority Vote | 258 (258) 17.8(17.8) 16588 (16588) 056(056)  30(.0) 96.17(96.17) 99.32(99.32)
R20:MB 740(742) 175(17.6) 16628 (16554) 042(041)  36(37) 99.34(99.34) 9881 (9881 R20:MB 238237 158(157)  8872(8922)  03(03)  43(43) 9774(97.69) 99.64(99.64)
R20:MBME 7354 169(176) 14806 (16540)  0.37 (0.41) 994 (9934)  98.97 (%8.82) R20:MBME 235(239) 156(159)  7938(8662) 027(029)  46(44) 97.93(97.77) 99.68(99.65)
R20:CR2 732(725) 167 (159) 12056(7862)  0.3(0.2) 99.52(99.68)  99.15(99.45) R20:CR 2 26018 147(138)  530003922) 0.I8(0.03)  62(76) 98.57(98.89) 99.79(99.84)
R20:CR 5 723(713)  158(147) 7680 (3888)  0.19(0.1) 99.69 (99.84)  99.46 (99.73) R20:CR 5 215204) 135(125)  3042(1712)  0.1(006)  93(145) 99.14(99.52) 9988 (99.93)
R20:CR 10 719(70.5) 154 (14.0) 603.8(2802)  0.15(0.07) 99.76 (99.89)  99.57(99.81) R20:CR 10 209(199) 129(119)  2156(1214) 007(004) 121(192) 994 (9965 99.91(99.95)
E20:Replace 785(190) 220(225) 6191 (5430) 155 (1.36) 9774 (98.02)  94.47(95.16) E20:Replace 269Q215) 190(19.5) 2588 (2480) 087 (0.84)  24(25) 9454(95.12) 9891 (9894)
E20:Majority Vote | 783 (78.7)  21.8(22.1) 4295 (3788) 1,07 (0.95) 98.37 (98.56)  96.46 (96.89) E20:Majority Vote | 262(266)  18.3(18.7) 2390(2252) 081(076)  24(25) 948(9541)  99.0(99.05)
220:MB. T79(78.1) 213 (216) 2700 2371) 068 (0.59) 98.96(99.09)  97.86(98.11) E20:MB 260(263) 181 (184) 1169 (1075)  039(036)  39(42) 97.01 (97.35) 9953 (99.56)
E20:MBME T7.6(8.1)  211216) 21832371) 055 (0.59) 99.13(99.09)  98.39(98.11) E20:MBME 258(26.3) 17.8(184) 1311075) 038(036)  39(42) 97.06(97.35) 9954 (99.56)
E20:CR 2 TI8(718) 213(213) 1999(1197)  0.5(0.3) 99.23(99.54)  98.41(99.04) E20:CR 2 260(262) 18.1(182) 670(490) 023(0.17)  60(79) 98.14(98.71) 9973 (99.8)
E20:CR § 77.7(774) 212208) 1383(599)  0.35(0.15) 99.47(99.77)  98.87(99.49) E20:CR § 260256) 180(17.7) 369(193) 0.12(007) 10.1(180) 9897 (9955 99.85(99.92)
E20CR 10 77.7(6.7)  212202) 1101 (@61)  028(0.12)  S8(119)  99.58(99.83)  99.08 (99.62) E20:CR 10 259(249) 179(169) 248(134) 008005  144(244) 9934(99.69)  99.9(99.94)
RIO:Replace TI3(T13) 14T(14T)  19584(19584) 049(049)  29(29) 99.22(%9.22) 98.63 (98.63) RIO:Replace 20021 142(142)  9966(9966) 034(034) 36036 9749(9749)  99.6(99.6)
RIO:Majority Vote | 712(712)  147(147) 14814 (14814) 037(037)  35(3.5)  99.4(99.4) 9898 (98.98) RIO:Majority Vote | 216 (21.6) 13.6(13.6)  BOS.8 (808.8) 027(027)  4.1(41) 97.86(97.86) 99.68(99.68)
RIOMB 69.0(69.0) 125 (124) 9914(9636) 025024)  41(42)  99.59(99.6) 99.35(99.36) RIO:MB 195(193) 1L6(114)  4502(4424) 0150015  58(58) 987 (9871) 99.82(99.83)
RIO:MBME 68.9(69.0) 124 (124) 9448(9768) 024(024)  43(42)  99.61(996) 99.38(99.35 RIO:MBME 191(191) 1L1(112) 4464 (4490) 0150015  56(56) 9869 (98.69) 99.83(99.82)
RIO:CR 2 67.9(660)  114(9.5) 7036(#322) 01801 50(65) 99.71(99.82) 99.54(99.73) RIO:CR 2 177361 9881  2872(1966) 01007  73(87) 99.11(9934) 99.89(99.92)
RIOCR S 662(642)  9.6(7.6) 3934(147.0) 01004  T1(40) 99.84(99.94) 9975 (9991) RIO:CR S 156(141)  7.7(62) 1516(746)  0.05(0.03)  104(164)  99.5(99.75)  99.94(99.97)
RIOCR 10 653(635)  88(7.0) 2826(1048) 007(003)  87(17.6) 99.88(99.96) 9982 (99.93) RIO:CR 10 146(135)  67(5.5) 94.6(460) 003(0.02) 14.1(234) 99.68 (99.84) 9996 (99.98)
El0:Replace 76.1(773) 195 (208) 2468 (2320)  0.62(0.58)  30(3.2) 99.04(99.11) 9812 (98.12) E10:Replace 237057) 157(178) 996(849) 034(029)  39@9)  97.5(979)  99.6(99.65)
EI0:Majority Vote | 759(77.0)  19.3(20.5) 24172235 06(056)  30(33) 99.06(99.14) 98.18 (9822) EI0:Majority Vote | 23.7(257)  15.7(17.7) 996(849) 034(029)  39(49)  975(979)  99.6(99.65)
EI0:MB 753(764)  18.8(19.9) 1S57(1394)  039(0.35)  40(46) 9938 (9944) 9889 (98.98) E10:MB 27(223) 148(143) 696(560) 023(019)  49(58) 98.08(98.39) 99.72(%9.78)
EI0:MBME 75.2(764) 187 (199) 1533(1394)  038(035)  40(46) 99.38(99.44) 9892 (98.98) EI0:MBME 27(223) 148(143) 696(560) 0.23(019)  49(58) 098.08(98.39) 99.72(99.78)
EIO:CR2 753(76.1) 187(19.5) 1I8(618) 028(0.15)  52(89) 99.55(%9.75) 99.22(99.56) EI0:CR 2 207078 128099 27213) 014007 66096 98.68(%921)  99.83(99.92)
EIO:CR 5 752(752)  186(186) 700 (246) 0.18(0.06)  7.7(199)  99.72(99.9) 9951 (99.81) EIO:CR § 182(157) 103017 19749)  0.07(0.02) 107(303) 99.32(99.82) 9992 (99.98)
EIOCR 10 75.2(733)  186(168) 515(170)  0.13(0.04)  10.1(257)  99.79(99.93)  99.64 (99.87) EI0:CR 10 172(149)  92(1.0) 12224)  0.04(001)  150(549) 99.57 (99.91) 9995 (99.99)
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Figure 12: Comparative temporal evolution plots for experiments incorporating uncalibrated softmax
labels. Solid lines represent using hard labels with only diagonal estimated for confusion matrix
and dashed lines reflect results using soft labels and estimating full confusion matrix with Laplace
smoothing.
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Table 4: Full results of all experiments on CIFAR10 under the standard setting of an improving
sequence of models and estimating confusion matrices on a separate split of the data (i.e., not on
the target data set) as explained in §[6.1] The first number in each cell refers to estimating only the
diagonal elements (i.e., the class-specific accuracies) of confusion matrices, and the second number
(in brackets) refers to estimating the full confusion matrices with smoothing. The character E in
front of a budget indicates that selection for re-evaluation is based on our posterior label entropy
criterion (e.g., E30 refers to selecting the top 30% samples with highest entropy), and the character
R indicates selecting a randomly sampled subset without replacement. Note that entropy-based
selection requires a posterior and is thus not applicable for the baselines Replace and Majority Vote.

Strategy (Budget %) ‘ Acc (%) AAce (%) Y NF NFR (%) PF / NF Avg. BTC Avg. BEC
100:Oracle 99.3(99.3) 6.1(6.1) 0(0) 0.0(0.0) NaN (NaN) 100.0 (100.0) ~ 100.0 (100.0)
R100:Replace 94.7 (94.7) 1.5(L.5) 1418 (1418)  2.58 (2.58) L1(L1) 97.26(97.26) 54.79 (54.79)
R100:Majority Vote | 96.1 (96.1) 29(29) 502(502) 0.91(0.91) 1.3(1.3)  99.03(99.03) 81.94(81.94)
E100:MB 95.9 (95.9) 2.8(2.8) 284 (340)  0.52(0.62) 1.5(1.4) 99.45(99.34) 89.64 (87.71)
E100:MBME 96.1 (96.0) 2.9(2.8) 119 (146)  0.22(0.27) 22(20) 99.77(99.72)  95.28 (94.47)
E100:CR 2 96.0 (96.0) 2.8(2.8) 219(170) 0.4 (0.31) 1.6 (1.8)  99.58(99.67) 91.69 (93.28)
E100:CR 5 95.9 (95.9) 2.8(2.8) 132(126)  0.24 (0.23) 2.1(2.1)  99.75(99.76)  94.65 (94.98)
E100:CR 10 96.0 (96.0) 2.9(2.8) 112(103)  0.2(0.19) 23(24)  99.79(99.8) 9549 (95.92)
R50:Replace 94.7(947)  1.6(1.6) 7114(711.4) 129 (1.29) 1.1(1.1) 98.62(98.62) 77.8 (77.8)
R50:Majority Vote 95.7 (95.7) 2.6(2.6) 327.4(3274) 0.6 (0.6) 14(14)  99.37(99.37)  89.06 (89.06)
R50:MB 95.8 (95.8) 2.7(2.6) 196.4(227.8) 0.36 (0.41) 1.7(1.6)  99.62(99.56) 93.41(92.47)
R50:MBME 95.7 (95.6) 2.5(2.5) 69.8 (90.6)  0.13 (0.16) 2.8(2.4) 99.87(99.83) 97.58(96.93)
R50:CR 2 95.8 (95.8) 2.6(2.6) 133.8(104.2) 0.24(0.19) 20(2.3)  99.74(99.8) 95.32(96.24)
R50:CR 5 957(95.7)  2.5(2.5) 73.2(69.0) 0.13(0.13) 27(28) 99.86(99.87)  97.4(97.59)
R50:CR 10 957(95.7)  2.6(2.5) 61.0(60.6) 0.1 (0.11) 3.01(3.1)  99.88(99.88) 97.83 (97.85)
E50:Replace 952(952)  2.0(2.0)  1019(1012) 1.85(1.84) L1(L.1) 98.04 (98.05) 64.97 (64.69)
E50:Majority Vote 96.1(96.0)  2.9(2.9) 428 (419)  0.78 (0.76) 13(1.3)  99.18(99.19)  84.48 (84.84)
E50:MB 96.1(96.0)  2.9(2.8) 260 (289)  0.47 (0.53) 16(1.5)  99.5(99.44)  90.63 (89.8)
E50:MBME 96.1(96.0)  3.0(2.9) 105 (134)  0.19(0.24) 24(21)  99.8(99.74)  96.04 (95.09)
E50:CR 2 96.0 (96.0)  2.8(2.8) 206 (149)  0.37 (0.27) 17(19)  99.6(99.71)  92.4(94.27)
E50:CR 5 96.0(959)  2.9(2.8) 123(112)  0.22(0.2) 22(22) 99.76(99.79)  95.18 (95.67)
E50:CR 10 96.1 (96.0) 3.0(2.8) 99(95) 0.18(0.17) 2.5(2.5) 99.81(99.82) 96.21(96.35)
R30:Replace 94.6(94.6)  1.4(1.4) 439.6(439.6) 0.8 (0.8) 12(12) 99.15(99.15) 86.74 (86.74)
R30:Majority Vote 953(953)  22(22) 238.4(2384) 0.43(0.43) 15(1.5) 99.54(99.54) 92.54 (92.54)
R30:MB 95.2(95.3) 2.1(2.1) 1462(163.2)  0.27(0.3) L7(L7)  99.72(99.68)  95.46 (94.91)
R30:MBME 95.2(95.2) 2.0(2.1) 47.0(64.2)  0.09(0.12) 32(2.6) 99.91(99.88) 98.47(97.92)
R30:CR 2 95.2(95.2) 2.0(2.0) 88.8(64.6)  0.16(0.12) 2.1(2.6) 99.83(99.88) 97.16(97.92)
R30:CR 5 95.1(95.0) 1.9(1.9) 45.6 (47.0)  0.08 (0.09) 3.1(3.0) 99.91(9991) 98.54(98.49)
R30:CR 10 95.2(95.1) 2.0(2.0) 354(354)  0.06 (0.06) 38(3.8) 99.93(99.93) 98.85(98.85)
E30:Replace 95.6 (95.4) 2.5(22) 688 (689)  1.25(1.25) 1.2(1.2) 98.68 (98.68) 75.18(75.12)
E30:Majority Vote 95.9 (95.9) 2.8(2.8) 380 (395)  0.69 (0.72) 1.4 (1.4)  99.27(99.24) 86.44 (85.83)
E30:MB 96.0 (96.1) 2.8(2.9) 253(277)  0.46(0.5) 1.6 (1.5)  99.51(99.47)  91.14 (90.39)
E30:MBME 96.0 (96.2) 2.8(3.0) 96 (123)  0.17 (0.22) 2.5(22) 99.82(99.76)  96.45 (95.68)
E30:CR 2 96.0 (96.2) 2.8(3.0) 192 (147)  0.35(0.27) 1.7(20)  99.63(99.72)  93.12(94.5)
E30:CR 5 96.0 (96.2) 2.8(3.0) 103(98)  0.19(0.18) 24(26)  99.8(99.81) 96.07 (96.36)
E30:CR 10 96.0 (96.2) 2.9(3.0) 89(86) 0.16(0.16) 2.6(27) 99.83(99.83) 96.67 (96.85)
R20:Replace 94.5 (94.5) 1.3(1.3)  274.6 (274.6) 0.5 (0.5) 1.2(1.2)  99.47(99.47) 91.94(91.94)
R20:Majority Vote 94.9 (94.9) L7(L7) 1952(195.2) 0.35(0.35) 1.4(1.4)  99.62(99.62)  94.06 (94.06)
R20:MB 94.7 (94.8) 1.6(1.7) 107.0 (120.4)  0.19 (0.22) L7(L7)  99.79 (99.77)  96.86 (96.43)
R20:MBME 94.6 (94.6) 1.4 (1.4) 31.0(45.4)  0.06 (0.08) 3.3(2.6) 99.94(99.91) 99.09 (98.67)
R20:CR 2 94.5 (94.5) 1.4 (1.4) 65.0 (48.6)  0.12(0.09) 2.0(24) 99.87(99.91) 98.08 (98.55)
R20:CR 5 94.7 (94.7) 1.5(L.5) 26.6 (27.4)  0.05(0.05) 38(3.7) 99.95(99.95) 99.19 (99.16)
R20:CR 10 94.6 (94.6) 1.5(1.4) 24.6 (24.4)  0.04 (0.04) 4.0(3.9) 99.95(99.95) 99.25(99.26)
E20:Replace 95.8(95.7) 2.6(2.5) 462 (478)  0.84 (0.87) 1.3(1.3)  99.11(99.08) 83.35(83.11)
E20:Majority Vote 95.9 (96.0) 2.8(2.8) 336 (347)  0.61 (0.63) 1.4(1.4) 99.35(99.33)  88.2(87.94)
E20:MB 96.0 (95.9) 2.9(2.8) 217(263)  0.39 (0.48) 1L7(15)  99.58(99.49) 9245 (91.02)
E20:MBME 96.0 (96.0) 2.9(2.8) 82(115) 0.15(0.21) 2.8(22) 99.84(99.78) 97.02(96.04)
E20:CR 2 96.1 (95.9) 2.9(2.8) 156 (130)  0.28 (0.24) 1.9(2.1)  99.7(99.75) 94.53(95.27)
E20:CR 5 96.0 (95.9) 2.9(2.8) 84(90) 0.15(0.16) 2.7(25) 99.84(99.83) 96.86 (96.71)
E20:CR 10 96.0 (95.9) 2.9(2.8) 75(80) 0.14(0.15) 29(27) 99.86(99.85) 97.22(97.11)
R10:Replace 94.1 (94.1) 0.9(0.9) 129.2(129.2) 0.23(0.23) 1.3(1.3)  99.75(99.75)  96.31(96.31)
R10:Majority Vote 94.3 (94.3) L1(L1) 109.4 (109.4) 0.2(02) 1L5(1.5)  99.79 (99.79)  96.86 (96.86)
R10:MB 94.0 (94.2) 0.9 (1.0) 64.0(70.8)  0.12(0.13) L7(17)  99.88(99.86)  98.23 (98.0)
R10:MBME 93.8(93.8) 0.6 (0.6) 14.2(21.4)  0.03 (0.04) 33(24) 99.97(99.96) 99.61(99.41)
RI10:CR 2 93.8(93.8) 0.7 (0.7) 35.2(23.8)  0.06 (0.04) 2.0(24) 99.93(99.95) 99.03(99.34)
RI0:CR 5 93.7(93.7) 0.5 (0.6) 11.0(11.0) ~ 0.02(0.02) 35(3.6) 99.98(99.98) 99.69 (99.69)
R10:CR 10 93.8(93.8) 0.7 (0.7) 6.8(7.0) 0.01(0.01) 6.0(59) 99.99(99.99)  99.81(99.8)
E10:Replace 95.3(95.4) 2.1(22) 206 (201)  0.37 (0.37) 1L5(1.5)  99.6(99.61) 93.45(93.65)
E10:Majority Vote 95.4 (95.4) 22(22) 200 (200)  0.36 (0.36) 1.6 (1.6)  99.61(99.61) 93.67 (93.69)
E10:MB 95.3(95.3) 2.1(2.1) 140 (145)  0.25 (0.26) 1.8(1.7)  99.73(99.72)  95.59 (95.45)
E10:MBME 95.2(95.2) 2.0(2.0) 35(66) 0.06 (0.12) 39(25) 99.93(99.87) 98.92(98.02)
E10:CR 2 95.2(95.2) 2.1(2.1) 91(59) 0.17(0.11) 2.1(27) 99.82(99.89) 97.26 (98.11)
E10:CR 5 95.2(95.2) 2.0(2.0) 30(38) 0.05(0.07) 43(3.7)  99.94(99.93) 99.05 (98.79)
E10:CR 10 95.2(95.2) 2.0(2.0) 29 (36)  0.05(0.07) 4.4(3.8)  99.94(99.93) 99.09 (98.86)
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Table 5: Full results of all experiments on CIFAR-10 (left) and ImageNet (right) under the standard
setting of an improving sequence of models and estimating confusion matrices on a separate
split of the data (i.e., not on the target data set) as explained in § [6.1] The first number in each
cell refers to estimating only the diagonal elements (i.e., the class-specific accuracies) of confusion
matrices, and the second number (in brackets) refers to estimating the full confusion matrices
with smoothing and incorporating soft labels. The character E in front of a budget indicates
that selection for re-evaluation is based on our posterior label entropy criterion (e.g., E30 refers
to selecting the top 30% samples with highest entropy), and the character R indicates selecting a
randomly sampled subset without replacement. Note that entropy-based selection requires a posterior
and is thus not applicable for the baselines Replace and Majority Vote.

Strategy Budget % | Ace (%) AAcc (%) SNF_NFR (%) PE/NE Avg BT Avg. BEC Strategy (Budget %) | Acc (%) AAcc (%) SNF_NFR (%) PE/NE Avg BTC  Avg BEC
100:0racle 993(993) 6161 00)  00(00) NaN(NaN) 100.0(100.0) 100.0 (100.0) 100:Oracle 912(912) 347 (347) 00)  00(00) NaN(NaN) 100.0(100.0) 100.0 (100.0)
RI00:Replace 947(947)  15(15)  1418(1418) 258(258)  LI(L1) 97.26(9726) 5479 (54.79) RI00:Replace 792(792) 227(227) 24214 24214) 605(605)  12(12) 9137(9137) 77.71(77.71)
R100:Majority Vote | 96.1(96.1)  2.9(2.9) 502(502) 091(091)  13(1.3) 99.03(99.03) 81.94(8194) RI00:Majority Vote | 78.9(789) 22.3(223) 7352(7352) 184(184)  I8(L8) 97.I8(97.18) 93.95(9395)
2100:MB 959(962)  28(3.0) 2840252) 052046)  1.5(1.6) 99.45(99.52)  89.64 (89.69) EI00:MB 77.1(776)  205(21.0) 4378(3463)  109(087)  22(25) 98.32(98.65) 9645(9725)
EI00:MBME 96.1(96.1)  29(3.0) 119(173)  022(031)  22(L9) 99.77(99.67) 9528 (9298) EI00:MBME 713(774)  207(208) 3057(3207)  076(08)  27(26) 98.78(98.74) 97.69 (9751)
EI00:CR 2 960(96.1)  28(3.0) 219(170)  04(031)  1.6(1.9) 99.58(99.68) 91.69 (92.98) EI00:CR 2 77.1(713)  206(208) 3368 (1648) 084 (041)  25(42) 9872(99.36) 97.19(98.7)
EI00:CR 5 959(962)  28(3.0) 132103) 024019 2125  99.75(998) 9465 (95.68) EI00:CR 5 77.1(77.0)  205(205) 2520(990)  0.63(0.25)  30(62) 99.06(99.63) 97.82(99.19)
EI00:CR 10 960(962)  29(3.0) 12(73)  020013)  23(G.1) 99.79(9986) 9549 (96.99) EI00:CR 10 77.0(768) 205(203) 20112(788)  053(02)  34(74) 9922(9971) 98.15(9934)
RS0:Replace 9470047)  16(16) 7147114 129(129)  LI(LI) 98.62(9862)  77.8(778) RS0:Replace T84(784) 218(218) 114783 (114638) 287(287)  15(15) 9582(9583) 8988 (39.89)
RS0:Majority Vote | 957(957)  26(26) 3274(3274)  06(06)  14(14) 9937(9937) 89.06 (89.06) RSO0:Majority Vote | 78.1(78.1) 216(216)  S0482(5048.8) 126(126)  21(21) 9807(9807) 9592(95.92)
RS0:MB 958(960)  27(28) 1964(1550) 036(028)  17(19)  99.62(997) 9341 (9427 50:MB 769(769) 204(204)  30228(2509.8) 076(0.63)  27(30) 9833(99.02) 97.62(98.05)
RS0:MBME 957(959) 2527  698(1060) 013019  28(23) 99.87(998)  97.58(962) RS0:MBME 765(767) 200(201)  23254(24372) 05806  31G1) 99.08(99.05 9827 (98.12)
RS0:CR 2 958(960)  26(29) 1338(998) 024(018)  20(24) 99.74(9981) 9532(9625) RS0:CR 2 768(765) 203(199)  22336(12208) 056(031)  33(51) 99.14(9953) 9822 (99.06)
RS0-CR 5 957(960)  25(28)  732(592) 013(011)  27(34) 99.86(9989)  97.4(97.77) RSO:CR 5 766(76.1)  20.1(19.5) 16038 (700.4)  0.4(0.18)  41(80) 9939(99.73) 9869 (99.44)
RS0:CR 10 957(959)  26Q27)  6LOM@OS) 011(007)  31(43) 99.88(9992) 97.83(9847) RS0:CR 10 767(758) 201(192) 13146(530.0) 033(0.13)  48(10.) 9951 (99.8) 9892 (99.57)
ES0:Replace 952(952)  20(20)  1019(1012) 185(184)  LI(LI) 98.04(98.05) 6497 (64.69) ES0:Replace 789(798) 224(232) IS732(16138) 393 (4.03)  14(14) 9441 (943) 8537 (84.73)
ESO:Majority Vote | 96.1(96.0)  29(29)  428(419) 078(076)  13(13) 99.18(99.19) 8448 (84.84) ESO:Majority Vote | 787(79.2)  222(22.6) 6318(6282) 1S8(15T)  1.9(19) 97.6(97.64) 9474 (9467)
ES0:MB 96.1(962)  29(3.0) 260(257) 047(047)  1.6(1.6)  99.5(99.51) 90.63 (89.36) ESO:MB 718(719) 213 (214) 3960 (3212)  099(08)  23(27) 9848(98.77) 9678 (974)
ES0:MBME 96.1(96.1)  30(3.0) 105(170)  019(031)  24(19)  99.8(99.67) 9604 (93.08) ESO:MBME 77.6(776) 211211 2004(2972) 073(0.74)  28(28) 98.85(98.85) 97.79(97.66)
ES0:CR 2 960(96.1)  28(3.0) 206(170) 037031)  1.7(1.9)  99.6(99.68)  92.4(92.92) ES0.C] 71.8(717)  212(2L1) 3014(1547) 075(039)  28(44) 98.86(9941)  97.5(9875)
ES0:CR 5 960(962)  29(3.0) 123(102) 022(019)  22(25) 99.76(9981) 95.18(9572) ESO:CR 5 717(713) 212(208) 204(900) 055(022)  34(68) 99.18(99.67) 98.00(99.24)
ESO:CR 10 961962)  303.0) 99(71) 018(013)  25(.1) 99.81(9986) 9621 (97.07) ESO:CR 10 77.7(77.1) 211(206) 1832(709) 046 (0.18)  39(83) 9933(99.74)  984(99.38)
R30:Replace 946(946)  L4(L4) 4396(A396) 08(08)  12(12) 99.15(99.15) 8674 (86.74) R30:Replace 774(713) 208(208) 65464 (65378) 164(1.63)  18(18) 97.56(97.56) 9453 (94.55)
R30:Majority Vote | 953 (953)  22(22) 2384(2384) 043(043)  15(15) 99.54(99.54) 92.54(9254) R30:Majority Vote | 771 (77.1)  205(205)  36164(36136)  09(0.9)  24(24)  986(986) 97.18(97.18)
R30:MB 952(956)  21(24) 1462(1176) 027(021)  L7(0) 9.72(99.77) 9546(9592) R30:MB 759(759) 194(194)  21862(I860.6) 055(047)  32(36) 99.14(927) 9835 (98.6)
R30:MBME 952(956)  20(24)  47.0(884) 009(0.16)  32(24) 99.91(99.83) 9847 (96.94) R30:MBME 753(758) 187(193)  18596(18556) 046(0.46)  35(36) 9926(99.27) 9865 (98.61)
RI0:CR 2 952(955)  20(24)  888(726) 0.16(0.13)  21(26) 99.83(9986) 9716 (975) R30:CR 2 75.5(153)  19.0(187) 160709182)  04(023)  40(61) 9937(%9.6d)  98.8(99.31)
R30:CR 5 951(954)  19(23)  456(408) 008(007)  31(8) 99.91(9992) 98.54(98.61) R30:CR 5 75.1(745)  185(17.9) 10872 (488.4)  027(0.12)  53(102) 9958(99.81) 9917 (99.63)
R30:CR 10 952(954)  20(22)  354(288) 006005  38(48) 99.93(99.94) 98.85(99.03) R30:CR 10 749(739) 184(173) 8754 (418) 022(009)  62(137) 99.66(99.87) 99.33(99.74)
E30:Replace 956(954) 25022 688.(689) 125(125)  1.2(1.2) 98.68(98.68) 75.18(75.12) E30:Replace T85(79.1)  22.0(226) 9708 (8764) 243(219)  1.6(L6) 96.53(9687) 9101 (9187)
E30:Majority Vote | 95.9(959)  28(28) 380(395) 069072 14(14) 99.27(99.24) 8644 (85.83) E30:Majority Vote | 785 (78.9)  22.0(22.3) 5232(4469) 131(112)  21(22) 98.03(9832) 95.63(9624)
30:MB 960(963)  283.1) 253(230) 046(042)  16(1.7) 99.51(99.56) 91.14(90.39) E30:MB T81(781)  216(215) 3375(2450)  0.84(0.61)  26(32) 98.71(99.06) 97.25(98.02)
E30:MBME 960(962)  28(3.0) 96(163)  017(03)  25(19) 99.82(99.69)  9645(933) E30:MBME 71.8(778) 212(213) 2577(2407)  064(06)  31(32) 98.98(99.07) 98.04 (98.07)
E30:CR2 960(962)  28(.1) 192(160) 035(029)  17(20) 99.63(99.69) 93.12(93.28) E30:CR2 780717 215Q2L1) 2578 (1221)  064(031)  3.0(53) 99.02(99.53) 97.86(99.02)
E30:CR 5 960(962) 2831 10394) 0190.17)  24(26)  99.8(9982) 9607 (96.01) E30:CR 5 780(74) 2150208 1831670) 046(0.17)  39(88) 9932(99.75) 9843 (99.43)
E30:CR 10 960(963)  29G.1) 8957 0.06(0.0)  26(8) 9983 (99.89) 96.67 (97.65) E30:CR 10 T1.9(77.1) 214 (206) I517(491)  038(0.12)  45(115)  9944(99.82) 9867 (99.57)
R20:Replace 945(945)  13(13) 2746(2746) 05005  12(12) 99.47(9947) 91.94(9194) R20:Replace 757(757) 19.0(190)  41710@1838) 104(105)  21(21) 9841 (9841)  9671(96.7)
R20:Majority Vote | 949(949)  17(17) 1952(1952) 035(035)  14(14) 99.62(99.62) 9406 (94.06) R20:Majority Vote | 75.4(754)  189(188)  26902(2696.6) 067 (0.67)  28(27) 9895(98.94) 9799 (97.98)
20:MB 947(953)  1622) 1070(832) 019015  L7(23) 99.79(99.84) 9686(97.29) R20:MB 740(746) 175(180) 16628 (14212) 042(036)  36(42) 9934(99.44) 9881 (98.97)
R20:MBME 946(953)  14(22)  310(620) 006(0.11)  33(27) 99.94(99.88) 99.09 (97.98) R20:MBME 735(043) 169(178) 14806 (1421.8) 037(0.36)  39(41)  994(9943) 9897 (98.97)
2 945(952)  14(20)  650(564) 012(01)  20(28) 99.87(99.89) 98.08(98.17) R20:CR 2 732(736) 167(17.0) 12056(7182)  03(0.18)  45(69) 9952(9.71) 99.15(99.48)
R20CR S 947(952)  15(20)  266(256) 0050005  38(49) 99.95(99.95) 99.19(99.16) R20:CR § 723(722) 158(157) 768.0(344.0)  0.19(0.09)  6.1(124) 99.69(99.86) 99.46(99.75)
R20:CR 10 946(949)  15(18)  246(196) 004(004)  40(56) 99.95(9996) 99.25(99.38) R20:CR 10 T19(710) 154 (14.4) 603.82184) 0150005  74(17.5) 99.76(99.91) 99.57 (99.84)
E20:Replace 958(957)  26(25)  462(478) 084(087)  13(L3) 99.11(99.08) 8335(83.11) E20:Replace T85(784) 220(218) 6191(5239) 155(131)  19(20) 97.74(981) 9447 (953)
E20:Majority Vote | 95.9(96.0)  28(28) 336(347) 061(063)  14(14) 9935(99.33)  88.2(87.94) E20:Majority Vote | 783 (78.0) 218 (21.4) 4205(3258) 107(081)  23(26) 98.37(98.77) 9646(9732)
20:MB 960(960)  29(28) 217007 039038)  17(L7) 99.58(99.6) 9245 (91.74) 20:MB 77.9(772)  21.3(206) 2700(1825)  0.68(046)  3.0(38) 98.96(9929) 97.86(98.58)
E20:MBME 960(959)  29(28) 82(148) 015(027)  28(19) 99.84(99.72) 97.02(94.17) E20:MBME 77.6(772) 211(206) 2183(1825) 055(046)  34(38) 99.13(9929) 98.39(98.58)
E20:CR 2 96.1(960)  29(28) 156(133) 028(024)  19(21) 99.7(99.75) 94.53 (94.67) 20:CR 2 778(766) 213 (20.1) 1999(879)  05(022)  37(67) 99.23(99.66) 98.41(99.32)
E20:CR 5 960(960)  29(29) 8480) 0.5(0.15)  27(28) 99.84(99.85) 96.86 (96.73) E20:CR 5 71.7(759)  21.2(194) 1383(48)  035(0.11)  48(118) 9947 (99.83) 9887 (99.63)
E20:CR 10 960096.1)  29(29) 7555 0.1400)  29(17) 99.86(99.89) 97.22(9789) E20:CR 10 777(751)  212(186) 1101 (266) 028(0.07)  58(I84) 9958 (99.9) 99.08 (99.78)
RI0:Replace 941041 09(09) 1292(1292) 023(023)  13(L3) 99.75(99.75) 9631 (9631) RIO:Replace TI3(T13) 147(148)  19584(19526) 049(049)  29(29) 9922(99.22) 9863 (98.63)
RI0:Majority Vote | 943 (943)  LI(L1) 1094(1094)  02(02)  L5(L5) 99.79(99.79) 9686 (96.86) RIO:Majority Vote | 712(712)  147(146) 14814 (1489.6) 037(037)  35(35)  99.4(99.4) 9898 (95.98)
RI0O:MB 940(947)  09(L6)  640(510) 012009  17(25) 99.88(999) 98.23(9849) VB 69.0(100) 125(134) 991.4(8654) 025(022)  41(49) 99.59(99.65) 99.35(99.42)
RIO:MBME 938(946)  06(14)  142(362) 003(007)  33(29) 99.97(9993) 99.61 (9893) RIO:MBME 68.9(70.1) 124 (136) 9448 (8784)  024(022)  43(49) 99.61(99.64) 99.38(99.41)
RIO:CR 2 938(947)  07(L5)  352(324) 006(006)  20(33) 99.93(99.94) 99.03(99.03) RIO:CR2 619(692) 114(126) 703.6(4242) 0I8(011)  50(84) 99.71(99.83) 99.54(99.72)
RIO:CR 5 937(943)  05(L1)  110(140) 002(003)  35(.1) 99.98(9997) 9969 (99.59) RIO:CR 5 66.2(669)  9.6(104) 3934(1618) 01004  TI(TD) 99.84(99.93) 9975 (99.89)
RIOCR 10 938(943)  07(L1) 68(74) 001(001)  60(85) 99.99(99.99) 9981 (99.78) RIO:CR 10 653(649)  88(83) 2826(89.0) 007(002)  87(244) 99.88(99.96) 99.82 (99.94)
El0:Replace 953(954) 2122 206(201) 037(037)  15(15)  99.6(99.61) 9345 (93.65) El0:Replace 76.1(770)  19.5(204) 2468 (2216) 062 (0.55) 99.04(99.17) 9812 (95.18)
EI0:Majority Vote | 954(954)  22(22) 200200) 036036)  1.6(1.6) 99.61 (99.61) 93.67(93.69) E10:Majority Vote | 75.9(76.1)  19.3(19.5) 2417(1954) 06049 9906 (99.25)  98.18 (98.45)
EI0:MB 953(95T)  21(25) 140(120)  025(022)  18(20) 99.73(99.77) 9559 (95.48) EI0:MB ) 188(187) 1557 (1118) 039 (0.28) 9938 (99.56)  98.89 (99.18)
EI0:MBME 952(956)  20(25) 35(99) 006(0.18)  39(23) 99.93(99.81) 98.92(96.32) EI0:MBME ) 187(18.7) 1533 (1118) 038 (0.28) 99.38(99.56)  98.92(99.18)
EI0:CR2 952(957)  21(25) 91(78) 017014  21(26) 99.82(9985) 97.26(97.08) EIO:CR2 ) 187(17.8) 1118(503) 028 (0.13) 99.55(99.8)  99.22 (99.63)
EIO:CRS 952(956)  20(24) 30(52) 005009  43(33)  99.94(99.9) 99.05 (98.04) EIOCR S 752(727)  186(162) 700 (165)  0.18 (0.04) 99.72(99.93) 9951 (99.88)
E10:CR 10 952(955)  20(23) 29(37) 005007)  44(41) 99.94(99.93) 99.09 (9873) EI0:CR 10 752(07) 186(142) SIS 013(0.02)  10.1(508) 9979 (99.97)  99.64(99.95)
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Table 6: Full results of all experiments on ObjectNet under the standard setting of an improving
sequence of models and estimating confusion matrices on a separate split of the data (i.e., not on
the target data set) as explained in § [6.1} The first number in each cell refers to estimating only the
diagonal elements (i.e., the class-specific accuracies) of confusion matrices, and the second number
(in brackets) refers to estimating the full confusion matrices with smoothing and incorporating
soft labels. The character E in front of a budget indicates that selection for re-evaluation is based on
our posterior label entropy criterion (e.g., E30 refers to selecting the top 30% samples with highest
entropy), and the character R indicates selecting a randomly sampled subset without replacement.
Note that entropy-based selection requires a posterior and is thus not applicable for the baselines
Replace and Majority Vote.

Strategy (Budget %) \ Acc (%)  AAcc (%) Y NF NFR (%) PF / NF Avg. BTC Avg. BEC
100:Oracle 50.5(50.5) 42.6 (42.6) 0(0) 0.0(0.0) NaN (NaN) 100.0 (100.0)  99.99 (99.99)
R100:Replace 31.9(31.9) 24.0(24.0) 16669 (16669)  5.62 (5.62) 1.3(1.3)  72.65(72.65) 92.61(92.61)
R100:Majority Vote 29.6(29.6) 21.6(21.6) 4690 (4690)  1.58 (1.58) 1.9(1.9) 89.99(89.99) 98.02 (98.02)
E100:MB 29.1(29.6) 21.2(21.7) 2477 (1984)  0.83 (0.67) 2.6(3.0) 94.46(95.55) 98.96 (99.16)
E100:MBME 28.6(29.1) 20.6 (21.1) 1599 (1774) 0.54 (0.6) 34(32) 95.86(95.83) 99.34(99.26)
E100:CR 2 29.0(29.2) 21.0(21.2) 1876 (931)  0.63 (0.31) 3.1(5.2) 95.92(97.9)  99.21(99.61)
EI100:CR 5 28.8(28.7) 20.8(20.7) 1372 (543)  0.46 (0.18) 3.8(8.1) 97.18(98.86) 99.41(99.77)
E100:CR 10 28.7(28.4) 20.8(20.5) 1084 (422)  0.37(0.14) 4.6 (10.0) 97.82(99.16)  99.54 (99.82)
R50:Replace 30.7(30.7)  22.7(22.7)  7583.8(7588.8)  2.56 (2.56) 1.6 (1.6) 86.63 (86.61) 96.69 (96.69)
R50:Majority Vote 28.6(28.7) 20.7(20.7) 3281.6(3291.2) 1.11(1.11) 22(22) 93.01(93.01) 98.62(98.62)
R50:MB 27.8(28.7) 19.9(20.7) 1676.6 (1410.0)  0.56 (0.48) 3.2(3.7) 96.13(96.83) 99.3(99.41)
R50:MBME 26.9(28.3) 18.9(20.3) 1280.4(1360.8)  0.43 (0.46) 3.7(3.8) 96.77(96.89)  99.48 (99.43)
R50:CR 2 27.5(28.1) 19.6(20.2) 1165.4 (663.6)  0.39 (0.22) 4.1 (6.6) 97.3(98.51)  99.52(99.72)
R50:CR 5 27.2(27.3) 19.2(19.4) 780.2 (361.4)  0.26 (0.12) 5.6(10.9) 98.26(99.23) 99.67 (99.85)
R50:CR 10 27.0(26.7) 19.1(18.8) 599.8 (253.0) 0.2 (0.09) 6.9 (14.8) 98.7(99.47)  99.75 (99.89)
E50:Replace 31.0(31.4) 23.1(234) 7882 (7329)  2.66 (2.47) 1.5(1.6) 86.26(87.93)  96.53 (96.75)
ES50:Majority Vote 29.5(29.4) 21.5(21.5) 3895(3397) 1.31(1.14) 2.0(22) 91.73(93.32) 98.36 (98.55)
E50:MB 28.9(30.0) 20.9(22.1) 2079 (1610) 0.7 (0.54) 2.9(3.5) 95.23(96.66) 99.13 (99.31)
E50:MBME 28.2(29.5) 20.3(21.5) 1452 (1534)  0.49 (0.52) 3.6(3.6) 96.18(96.75)  99.41(99.35)
E50:CR 2 28.7(29.6) 20.8(21.7) 1506 (763)  0.51 (0.26) 3.6(6.3) 96.64(98.41) 99.37(99.67)
E50:CR 5 28.5(29.0) 20.6(21.1) 1049 (414)  0.35(0.14) 4.6 (10.5) 97.83(99.21)  99.55(99.82)
E50:CR 10 28.4(28.7) 20.5(20.7) 828 (309) 0.28 (0.1) 5.6(13.4) 98.35(99.43) 99.64 (99.86)
R30:Replace 29.0(29.0) 21.0(21.1) 4070.6 (4074.0)  1.37 (1.37) 2.0(2.0) 92.19(92.21) 98.26 (98.26)
R30:Majority Vote 27.3(27.3) 19.4(19.4) 2346.6 (2348.8) 0.79 (0.79) 2.5(25) 94.91(94.88) 99.02(99.02)
R30:MB 25.9(27.3) 18.0(19.4) 1185.8(1024.8) 0.4 (0.35) 3.8(4.5) 97.12(97.58) 99.52(99.58)
R30:MBME 25.1(27.1) 17.2(19.2) 1008.4 (988.6)  0.34 (0.33) 42(4.6) 97.41(97.67) 99.59 (99.59)
R30:CR 2 25.4(26.5) 17.5(18.5) 782.2 (482.8)  0.26 (0.16) 5.2(8.1) 98.05(98.87) 99.68 (99.8)
R30:CR 5 24.6(252) 16.6(17.2) 476.2(236.2)  0.16 (0.08) 7.5 (14.6) 98.8 (99.45) 99.81(99.9)
R30:CR 10 24.4(24.5) 16.4(16.5) 331.6(154.2)  0.11(0.05)  10.2(20.9) 99.17 (99.65)  99.86 (99.93)
E30:Replace 29.0(30.0) 21.0(22.1) 4316 (3761)  1.45(1.27) 1.9(2.1) 91.75(93.51) 98.14 (98.35)
E30:Majority Vote 28.2(282) 20.3(20.2) 2970 (2359) 1.0 (0.79) 2.3(2.6) 93.54(95.37) 98.76 (99.0)
E30:MB 27.8(289) 19.9(20.9) 1565 (1015)  0.53 (0.34) 3.4(4.8) 96.24(97.78)  99.35(99.57)
E30:MBME 26.9(28.9) 18.9(20.9) 1280 (1015)  0.43 (0.34) 3.7(4.8) 96.64(97.78) 99.48 (99.57)
E30:CR 2 27.7(28.1) 19.7(20.1) 1074 (496)  0.36 (0.17) 44 (8.5) 97.42(98.9)  99.55(99.79)
E30:CR 5 27.4(26.9) 19.4(19.0) 689 (230)  0.23(0.08) 6.2 (16.3) 98.43(99.52) 99.71 (99.9)
E30:CR 10 27.1(25.9) 19.2(18.0) 504 (140)  0.17 (0.05) 8.1(24.8) 98.91(99.71)  99.79 (99.94)
R20:Replace 27.0(27.1) 19.1(19.1) 2453.8(2436.4) 0.83(0.82) 24(25) 94.82(94.84) 98.97 (98.98)
R20:Majority Vote 25.8(25.8) 17.8(17.9) 1658.8(1663.4) 0.56 (0.56) 3.0(3.0) 96.17(96.16)  99.32(99.32)
R20:MB 23.8(25.3) 15.8(17.3) 887.2 (744.0) 0.3(0.25) 4.3(5.3) 97.74 (98.15) 99.64 (99.7)
R20:MBME 23.5(25.5) 15.6(17.5) 793.8 (736.0)  0.27 (0.25) 4.6(54) 97.93(98.18) 99.68 (99.7)
R20:CR 2 22.6(243) 147(16.4) 530.0(339.0) 0.18(0.11) 6.2(10.0) 98.57(99.14)  99.79 (99.86)
R20:CR 5 21.5(22.7) 13.5(14.8) 304.2 (160.8) 0.1 (0.05) 9.3 (18.1) 99.14 (99.6)  99.88 (99.93)
R20:CR 10 209 (21.5)  12.9(13.6) 215.6(98.8)  0.07 (0.03) 12.1(26.6) 99.4(99.74)  99.91 (99.96)
E20:Replace 26.9(29.3) 19.0(21.3) 2588 (2149)  0.87(0.72) 2.4(2.8) 94.54(96.08) 98.91(99.07)
E20:Majority Vote 262(27.5) 18.3(19.6) 2390 (1742)  0.81(0.59) 243.1) 94.8 (96.61) 99.0 (99.26)
E20:MB 26.0(27.7) 18.1(19.7) 1169 (763)  0.39 (0.26) 3.9(5.8) 97.01(98.26) 99.53 (99.68)
E20:MBME 25.8(27.7) 17.8(19.7) 1131(763)  0.38 (0.26) 3.9(5.8) 97.06(98.26) 99.54 (99.68)
E20:CR 2 26.0(26.6) 18.1(18.6) 670 (353) 0.23(0.12) 6.0 (10.8)  98.14(99.16)  99.73 (99.85)
E20:CR 5 26.0(25.1) 18.0(17.2) 369 (132)  0.12(0.04) 10.1(25.2) 98.97 (99.7)  99.85(99.94)
E20:CR 10 25.9(242) 17.9(16.2) 248 (73)  0.08 (0.02) 14.4(42.2)  99.34 (99.83) 99.9 (99.97)
R10:Replace 22.1(22.1) 142(142) 996.6 (997.2)  0.34 (0.34) 3.6(3.6) 97.49 (97.5) 99.6 (99.6)
R10:Majority Vote 21.6 (21.5) 13.6(13.5) 808.8 (820.4)  0.27 (0.28) 4.1(4.1) 97.86(97.83) 99.68 (99.67)
R10:MB 19.5(21.0)  11.6 (13.1) 450.2(371.2)  0.15(0.13) 5.8(7.6) 98.7(98.95)  99.82(99.85)
R10:MBME 19.1(20.8) 11.1(12.8) 446.4 (381.6)  0.15(0.13) 5.6(7.2) 98.69(98.92) 99.83(99.85)
R10:CR 2 17.7 (19.8) 9.8 (11.9) 287.2 (177.2) 0.1 (0.06) 7.3(13.4)  99.11(99.48)  99.89 (99.93)
RI10:CR 5 15.6 (17.6) 7.70.7) 151.6 (75.4)  0.05(0.03) 10.4 (24.9) 99.5(99.77)  99.94 (99.97)
R10:CR 10 14.6 (15.8) 6.7(7.9) 94.6 (36.0)  0.03(0.01)  14.1(41.8) 99.68 (99.89)  99.96 (99.99)
E10:Replace 23.7(25.8) 15.7(17.9) 996 (683)  0.34(0.23) 39(5.9) 97.5 (98.46) 99.6 (99.72)
E10:Majority Vote 23.7(25.4) 15.7(17.5) 996 (663)  0.34(0.22) 3.9(5.9) 97.5 (98.48) 99.6 (99.72)
E10:MB 227(244) 148(16.5) 696 (364)  0.23(0.12) 4.9(9.4) 98.08 (99.03) 99.72 (99.85)
E10:MBME 22.7(24.4) 14.8(16.5) 696 (364)  0.23(0.12) 4.9(9.4) 98.08(99.03) 99.72(99.85)
E10:CR 2 20.7(22.7)  12.8(14.8) 427 (176)  0.14 (0.06) 6.6 (16.6) 98.68(99.52)  99.83(99.93)
EI0:CR 5 18.2(19.4) 10.3(11.4) 197 (50)  0.07(0.02)  10.7 (43.4)  99.32(99.86)  99.92 (99.98)
EI0:CR 10 17.2 (15.9) 9.2(7.9) 122 (28)  0.04(0.01) 15.0(53.5)  99.57(99.92)  99.95(99.99)
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